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Abstract

It is well known that coincidence quasielastic (€, €' N) reactions are not appropriate to analyze
effects linked to parity violation due the presence of the fifth electromagnetic (EM) response
RTL' Nevertheless, in this work we develop a fully relativistic approach to be applied to parity-
violating (PV) quasielastic (€, e’ N) processes. This is of importance as a preliminary step in the
subsequent study of inclusive quasielastic PV (€, ¢’) reactions. Moreover, our present analysis
allows us to disentangle effects associated with the off-shell character of nucleons in nuclei, gauge
ambiguities and the role played by the lower components in the nucleon wave functions, i.e.,
dynamical relativistic effects. This study can help in getting clear information on PV effects.
Particular attention is paid to the relativistic plane-wave impulse approximation where the

explicit expressions for the PV single-nucleon responses are shown for the first time.



I. INTRODUCTION

The electroweak structure of the nucleon can be parameterized in terms of nine form
factors, three for each flavor (u, d, s) corresponding to the electric (E), magnetic (M)
and axial-vector (A) sectors. The sole use of PV electron-proton (PVep) asymmetry
measurements does not allow one to extract the nine form factors of the nucleon.
On the contrary, the combination of parity-conserving (PC) cross sections and parity-
violating (PV) asymmetries in elastic and quasielastic (QE) electron scattering processes,
in addition to measurements of different observables from neutrino scattering and beta
decay, constitutes the general framework in which the determination of the form factors
of the nucleon should be accomplished.

PV electron scattering is a powerful tool to study the weak neutral current (WNC)
and it can provide useful information on the strange matrix elements (5v,s and 5v,7ss)
in nucleons and nuclei. Strange form factors contain new information (additional to the
electromagnetic (EM) ones) on the nucleon structure, and provide also strong constraints
to any microscopic model aiming to describe the nucleonic structure starting from
Quantum Chromodynamics (QCD).

It has been proven [1] that the PVep asymmetry is an excellent observable in order
to determine the vector strange form factors of the nucleon. However, this requires one
to have good knowledge of the remaining ingredients that enter in the description of the
asymmetry, in particular, the EM and axial-vector form factors and the WNC effective
weak coupling constants (that include radiative corrections). With regards to the EM
form factors, their general structure and behavior are well described. In the case of
the axial-vector form factor, most of the information we have comes from the analysis of
neutrino scattering experiments and beta-decay measurements. Although some discussion
has recently emerged on the value of the axial-vector mass due to the data taken by
the MiniBooNE collaboration [2, 3] (see also [4, 5] and references therein), the standard
parameterization of the axial-vector form factor is still accepted by the majority of the
scientific community. However, a serious problem which is not yet solved concerns the
treatment of radiative corrections. Authors in [6, 7| claim that radiative corrections are
very small for processes where only the weak coupling takes place. Hence, the description

of the axial-vector form factor at tree-level is expected to be a very good approximation



in reactions that involve neutrinos/antineutrinos as probes. On the contrary, radiative
corrections in the axial-vector sector for PV electron scattering are very important (in
contrast to the purely vector current). This is one of the main sources of error for
the determination of the strange magnetic form factor through the analysis of PVep
asymmetry data. The strong correlation between the magnetic and electric strangeness
content in the nucleon (us and py) leads the previous uncertainties to be propagated also
to the strange electric form factor. The main contribution in the axial-vector form factor
comes from the isovector (T = 1) channel; therefore, the evaluation and knowledge of
the isovector contribution to the axial nuclear response, R4=!, is of great importance in
order to interpret correctly the PV asymmetry. Nowadays it constitutes one of the main
challenges both experimentally and theoretically to the scientific community.

This work deals with the study of exclusive PV electron-nucleus scattering processes.
We restrict ourselves to the QE regime that corresponds to the electron being scattered
from a single nucleon that is subsequently ejected from the target nucleus and detected
in coincidence with the scattered electron. The analysis of exclusive (€, e’N) processes
constitutes a preliminary step in the study of PV effects in inclusive (€, ¢') reactions. The
latter are of great relevance in order to get more insight into the weak structure of the
nucleon. In (€ ¢'N) reactions the description of final-state interactions (FSI) between
the ejected nucleon and the residual nucleus leads to the appearance of the so-called
fifth EM response function RTY'. This response only contributes if the helicity of the
incident electron is measured and, consequently, its contribution to the PV asymmetry is
different from zero. This result is of great importance because it might lead the exclusive
parity-violating quasielastic (PVQE) asymmetry to be irrelevant when attempting to get
information on the responses attached to the interference between EM and WNC currents
(henceforth simply denoted as PV responses). Note that the EM contributions are in
general several orders of magnitude larger than the interference ones. However, there are
some particular kinematics for which the contribution of the PV responses can be similar
or even larger than the purely EM one. Moreover, this study provides useful information
on the uncertainties linked to the treatment of the off-shell vertex and on the discrepancies
associated with the use of different nuclear models. These effects can be of importance
in the subsequent analysis of inclusive (€, ¢e’) processes where the fifth EM response does

not enter. Hence, the work presented here should be considered in concert with the



study applied to inclusive QE electron scattering that is presented in an accompanying
paper [8]. Whereas here we emphasize the role played by dynamical relativistic effects,
gauge ambiguities and off-shell uncertainties in the ezclusive PV responses, being aware of
the enormous difficulties in getting information on PV effects, in [8] the focus is placed on
the behavior of the inclusive PV responses and the asymmetry, and how they are affected
by the weak structure of the nucleon.

To conclude, we summarize in what follows how this paper is organized. In Sect. II
we introduce the general formalism needed to evaluate the exclusive cross section for
PVQE electron-nucleus scattering. We start by describing the kinematics and the
calculation of the differential cross section for the exclusive process. Then we present the
models and approximations employed to the description of the nuclear vertex. Special
emphasis is placed on the general formalism involved in the relativistic plane-wave impulse
approximation (see Sect. IT A). Section III presents the analysis of the results. The effects
in the PV responses due to the use of different prescriptions for the nuclear current and
the treatment of FSI are analyzed in Sects. III A 2 and III B, respectively. In Sect. III C
we study the helicity asymmetry linked to the exclusive process. There we study the
impact on the asymmetry due to FSI, relativistic dynamical effects, off-shell effects and
the particular description of the form factors of the nucleon. Finally, a brief summary

and our main conclusions are presented in Sect. IV.

II. FORMALISM FOR (¢,¢/N) REACTIONS WITH PARITY VIOLATION

In this section we summarize the general formalism involved in the description of
(€,¢'N) reactions when the weak interaction is included in addition to the dominant
EM one. We use the Born approximation, that is, only one boson, photon for the EM
process and Z-boson for the weak interaction, is exchanged. A general representation of
the process is illustrated in Fig. 1. Here the incident electron, with four-momentum
K! = (e;,k;) and helicity h, is scattered through an angle 6. to four-momentum
K% = (ey,ks). The nuclear target is characterized in the lab frame by Py = (Ma4,0)
and the residual system by Py = (Ep,pg). The four-momentum corresponding to the
ejected nucleon is denoted as Py = (Ex, py). Finally, the transferred four-momentum in

the process (carried by the photon or Z-boson) is given by Q" = (w, q).



Detailed studies of the general kinematics involved in exclusive (e, e’ N) reactions have
been presented in previous works [9, 10]. Here we simply recall the basic quantities of
interest for later discussion. The missing momentum p,, is defined as p,, = —ps = py—Qq.
The magnitude p,, = |p.| characterizes the split in momentum flow between the detected
nucleon and the unobserved daughter nucleus. Correspondingly, an excitation energy of
the residual system can be introduced: ¢ = Ep — E% with EY% the total energy of the

residual nucleus in its ground state.

PNu=(EN'pN)

I(|u=(€i'ki)

scattering plane

FIG. 1: (Color online) General scheme of the scattering process A(e,e’N)B. The scattering
frame is defined by {&,, 2}, whereas the hadronic reference system is given by {1,2,3}. Also

shown are the four-momenta and angular variables that enter in the description of the process.

The (€, ¢’ N) process is completely determined by six independent kinematical variables.
From these, the dependence on the electron scattering angle . and the azimuthal angle
¢n can be isolated by geometry. In contrast, the dependences on the four remaining
variables (denoted as dynamical variables) involve detailed aspects of the nuclear current
matrix elements. Notwithstanding, energy and momentum conservation can be used to
determine the allowed regions in the (¢ —p,,) plane (the interested reader can go to [11-13]
for details). Once the general kinematics have been set up, the general cross section in

the laboratory system can be written as [9, 13, 14],

do K 1 <€f -2

1 —~
- O O@O@O@O@O@ = _J _ j222 -~ nv




where we have introduced the kinematical constant K = %ﬁ” and fe. is the usual

recoil factor [13]. The purely EM and interference leptonic tensors are given by

M = € (S + ha) 2)
~ €g
o = Fooag (0 = haa)syu + (hay = a1)a,u) )

with ay and ay4 the vector and axial-vector WNC electron couplings, h the electron helicity
and we have separated the overall tensor into its symmetric (s,,) and antisymmetric (a,, )

contributions:
. . Q2 , 5
sw = K, K] + KK + SO O = i€ap P K (4)
The hadronic tensors contain all of the information on the nuclear structure, and they

are given as

W =3 (@) Tog(@), W =3 (Taa@) Fonela). (5)

1F 1F

in terms of the purely EM and WNC matrix elements:

. eg 5
Toada) =N B 14) . Tela) = () NBUelA). @
cos Oy
The contraction of the leptonic and hadronic tensors can be expressed in terms of six
response functions that are given by taking the appropriate components of the hadronic

tensors (see [15] for details):
HMVW’W = 622210 ULRL + ’UTRT + ’UTLRTL + UTTRTT + hUTL/RTL,:| s (7)

where vy = 4e;e s cos? %6 and the labels L and T refer to projections of the current matrix
elements longitudinal and transverse to the direction of the momentum carried by the
exchanged virtual boson. The terms v, denote the kinematical factors that depend only
on the leptonic tensors and whose explicit expressions are given in [15].

Likewise, the contraction of the v — Z interference tensors can be written in the form

~ i uv —1 €g ? SL ST BTL »TT
NuwWH = oy <cos 9W) 20y [(av — hay) (ULR +or R +vr R +vpr R )
+ (hav — CLA) (UTIET, + UTLIETL/)] . (8)



The general expression for the exclusive cross section in presence of the weak interaction

finally results:

do /
- K -1 aRa h /RTL
de pdS2ydSdy o m{a:L sz:“L TTU e
_Ao [(av — haya) Z VaR® + (hay — a4) Z vo/éa/] } 9)
2 Y
a=L,T,TL,TT o =T",TL
: : 4o” ,
where we have introduced the Mott cross section o), = @z—:f cos®(0./2), and the term
Ao that scales the PV effects:
A _ 207 9 Y (10)
2 e2MZ \4dcosby )

The evaluation of the EM and PV hadronic response functions (R, éa) requires the
knowledge of the corresponding nuclear tensors: WH, WH . This implies a description
of the nuclear initial and final states and the many-body current operators. This is
a very complicated, almost unapproachable, problem unless specific approximations are
considered. In our case, we focus on the kinematical region close to the QE peak where the
impulse approximation (TA) constitutes an excellent description of the problem. Within
the TA the exchanged boson (photon and/or Z) interacts only with one nucleon that is
consequently ejected. Hence the scattering process is given simply as an incoherent sum
of single-nucleon scattering processes, i.e., the current is taken as a one-body operator
and one makes use of single-nucleon wave functions. In momentum space we may write
in general

7= [ dpTelp+ @) 0ulp). (1)
where ®5 and ¢ are the bound and scattered nucleon wave functions, respectively, and
J¥ the one-body nucleon current operator.

Within the TA the virtual boson attaches to a single bound nucleon with four-
momentum P* = (E,p) that is consequently ejected from the nucleus and interacts
with the residual nucleus. The asymptotic four-momentum of the nucleon is given by
Py = (En,pPn), and the residual nucleus is characterized by Py = (Ep, pg).

In this work we use a fully relativistic calculation where the bound nucleon states
are given as self-consistent Dirac-Hartree solutions, derived within a relativistic mean

field (RMF) approach using a Lagrangian containing o, w, and p mesons [16]. The
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ejected nucleon state is described as a relativistic scattering wave function. Here different
options have been considered. First, the relativistic plane-wave impulse approximation
(RPWTIA), namely, the use of relativistic plane-wave spinors, i.e., no interaction between
the outgoing nucleon and the residual nucleus is considered; second, the effects of FSI are
incorporated by solving the Dirac equation in the presence of relativistic optical energy-
dependent scalar and vector potentials. This constitutes the relativistic distorted-wave
impulse approximation (RDWIA). In this work we make use of the particular prescription
EDAI-O for the optical potential (see [17-20] for details).

Concerning the current operator, we use the relativistic free nucleon expressions for

the two usual prescriptions considered in the literature, i.e., CC1 and CC2 [21]:

e FELECTROMAGNETIC CURRENT OPERATOR:

ngjcm — (Fi+ Fyt = (P4 Py (12)
ng’Cm "+ ZQF Q- (13)
e VECTOR NEUTRAL CURRENT:
Tover| e = (Bt Byt = 5o (P4 PP (14)
jI}/IL/NC,V‘CCQ = F17“+22M @, . (15)
e AXIAL NEUTRAL CURRENT:
ja/NC,A =G + M—ZPVQ’WS : (16)

We have introduced the “on-shell” four-momentum P" = (E,p) with E = V2 + M3
and p the bound nucleon momentum. Note that the two prescriptions, C'C'1 and CC2
are equivalent for free on-shell nucleons. However, the IA deals with off-shell bound
and ejected nucleons. Hence the two operators lead to different results. Moreover,
current conservation (EM and vector WNC contributions) is in general not fulfilled and
consequently uncertainties dealing with the particular gauge selected also emerge. Here
we consider three different options: i) no current conservation is imposed at all (Landau

gauge), ii) current conservation is imposed by eliminating the third component (Coulomb



gauge), and iii) as in the previous case but eliminating the time component (Weyl gauge).
In next sections we estimate and analyze the uncertainties introduced by these different

options in the PV responses and in the PVQE asymmetry.

A. Relativistic Plane-Wave Impulse Approximation (RPWIA)

In this section we present the response functions and cross section within the RPWIA,
namely, neglecting FSI between the outgoing nucleon and the residual nucleus. Although
this is an oversimplified description of the scattering process, it allows one to get analytical
expressions for the responses, hence providing significant insight into the specific behavior
of the various observables. A great advantage of the RPWIA is linked to the clear
separation between the contributions associated with the upper and lower components
in the relativistic bound nucleon wave functions. This is known as “relativistic dynamics”
or “spinor distortion” in contrast to the purely relativistic kinematical effects. In what
follows we briefly present the general procedure of the analysis. We follow closely our
previous studies in [9, 13, 22] and give all details in Appendix A.

The hadronic current in RPWIA is given in the general form:
Jt = n(pn, sv) 'O (p), (17)

where u(py, sy) is a Dirac free spinor describing the outgoing nucleon, whereas @ (p)
is the Fourier transform of the bound nucleon relativistic wave function evaluated with
the RMF model. This 4-component wave function can be expressed in terms of the free
Dirac spinors: u(p,1/2), u(p,—1/2), v(p,1/2) and v(p,—1/2). Proceeding this way,
one can identify the specific contributions associated with the upper (positive-energy)
and lower (negative-energy) components in the response functions and the cross section.
The general (non-trivial) procedure has been presented in [9] in the case of PC electron
scattering processes, namely, for EM response functions. In this section we extend the
analysis to the PV responses and obtain the final expressions that will be of interest for
the discussion of results in the next section. As already mentioned, all details on the

developments concerning the nucleonic tensors are given in Appendix A.



The hadronic EM and interference WNC matrix elements in RPWIA result

Jen = e[ﬂ(pN,SN)ng @ (p)], (18)
g — T m;
Hove = (g ) oS0 Hone 8 ) (19

After laborious algebra (see Appendix A), the hadronic tensors can finally be written

in the form

W = (W No(5) + 2N 0) + NN () ). (20)
— eg — - o
W = (Tosew) (W” Nuu(p) + 2" Nyw(p) + N* Nuv(p)) : (21)

where in both tensors we have isolated the contribution coming from the positive-
energy components (denoted by the indices uu), the negative-energy (vv term) and the
interference ones (uv). Note that the three terms factorize into single-nucleon tensors
multiplied by functions associated with the upper (u) and lower (v) components in the
bound nucleon wave function in momentum space. These functions can be interpreted as
the positive-energy (N,,), negative-energy (N,,) and interference (N,,) contributions to
the nucleon momentum distribution. The explicit expressions are given in Appendix A
(see also [9, 10] for more details).

With regards to the single-nucleon tensors, the ones corresponding to the purely
EM sector, WH ZM and N'* | have been analyzed in detail in [9] providing explicit
expressions for the two current operator prescriptions considered. The Lorentz invariant

EM amplitude is given by*
N W o< 8 WV N (p) + 2" Ny (p) + NWNuv(p)] . (22)

By contrast with the EM case [9], the single-nucleon electroweak interference tensors,
W‘“’, Zm and N - present a rather more complex structure with its symmetrical
and antisymmetrical contributions not so clearly isolated (see Appendix A for explicit
expressions). However, since the purely vector component in the WNC (denoted by the
index V) leads to purely real tensors, whereas the axial term (denoted by A) gives purely

imaginary tensors, it can be easily proven that its contraction with the corresponding

! Note that the fifth EM response, RTL,, does not enter in RPWIA.
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leptonic tensor can be written as

Re [ﬁwww] x (ay — haa)su, (W{j”]\fuu(p) + Zv(j"Nw(p) +J\~/}’}"Nuv(p)>

+ (hay — ax)ag, (Wi Noulp) + 25 Nowo) + N5 Nool)) - (28)

Note that only the symmetric contribution in the vector-type single-nucleon tensors and
likewise, the antisymmetric axial-type tensor, contribute to the cross section and response
functions.

The hadronic responses in RPWIA in Eq. (9) are built directly from the corresponding
single-nucleon responses RE multiplied by the momentum distributions N, with » =

uu, uv,vv. The differential cross section is finally given as

do MpMnpn
o g~ o~ “ar « aNm
e S S )

r=uu,uv,ov \a=L,T,TLTT

_ ? [(av — hay) Z vaﬁg‘Nx(p) + (hay — ax) Z va/ﬁg‘/Nx(p)} } .

a=LTTLTT o =T",TL

(24)

In the next section we analyze the results obtained for the interference response
functions and PV asymmetry within RPWIA, taking the two prescriptions of the
current operator and the three gauges. These results are also compared with more
sophisticated calculations where FSI have been incorporated through the use of relativistic
complex optical potentials. We discuss whether the introduction of the exclusive helicity
asymmetry makes sense in getting information on PV effects, and analyze their limits of

applicability.

III. ANALYSIS OF THE RESULTS

In this section we present our results for the different exclusive observables: responses,
cross section and helicity asymmetry. Our interest is focused on the WNC interference
contributions and how these can alter the purely EM responses. It is well known that
the process (€,¢'N) is not well suited to studying PV effects because it is very hard to
devise an observable where the EM contributions, orders of magnitude larger than the PV

interference ones, could be almost cancelled out. In fact, this is the reason to introduce the
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helicity asymmetry in inclusive (€, e’) processes. However, whereas the difference between
the (€, €') cross sections corresponding to opposed electron helicities is non-zero because of
the PV effects (for the EM interaction with parity conservation such a difference is strictly
zero), the situation is different for (€, €'N) reactions. Here, the presence of FSI leads to
the appearance of the so-called fifth response that is also linked to the electron helicity.
This response is a purely EM contribution to the helicity asymmetry and hence makes it
very difficult to isolate contributions coming from PV effects. However, we are convinced
that the study of PV (€, ¢’ N) reactions might be of great interest as a preliminary step
in the subsequent study of inclusive processes. Moreover, off-shell and gauge ambiguities
in (€,¢'N) also have an impact on the inclusive responses and PV helicity that needs
to be carefully evaluated. Therefore, in this paper we focus on the interference (€, ¢’ N)
observables paying special attention to the contribution of the positive- and negative-
energy components in the nucleon wave functions, and to the effects introduced by a
proper description of the FSI between the outgoing nucleon and the residual nucleus.
The scattering reaction formalism is described fully relativistically, namely, not only are
the kinematics relativistic, but also the nuclear dynamics are described making use of the
relativistic Dirac equation in the presence of relativistic potentials.

All results presented in the next sections correspond to (g,w)-constant kinematics
(sometimes also referred as quasi-perpendicular kinematics). We have selected the energy
transfer to correspond almost to the QE peak value, where one expects the validity of
the impulse approximation to be highest. The value of the transfer momentum is fixed to
g =500 MeV/c (w = 132 MeV) and results are presented versus the missing momentum
Pm, Which in this section is written p for simplicity. Finally, in most of the cases we
have chosen the azimuthal angle ¢y equal to zero. Only when discussing the helicity

asymmetry do we analyze the effects linked to a selection of various ¢y-values.

A. Relativistic Plane-Wave Impulse Approximation (RPWIA)

We start our study with the simple RPWIA case. The general formalism for the
PV responses has been presented in the previous section with explicit expressions given
in Appendix A. Our discussion follows closely the analysis presented in [9, 22] for the

case of purely EM unpolarized and polarized responses. We show results for the six

12



interference responses. First we restrict our attention to the separate wu, uv and vv
single-nucleon responses RS analyzing off-shell and gauge ambiguities in addition to the
particular contribution of each component: positive-energy, negative-energy and the uwv

interference term. Then we present results for the nuclear /hadronic responses.

1. PV single-nucleon responses

Figures 2 and 3 show the PV single-nucleon responses. Let us start our discussion with
the case of the purely transverse channel (Fig. 2). Here, the responses depend only on the
particular current operator selected, CC1 vs CC2, but not on the gauge. Moreover, the
current operator does not introduce significant effects in the uu contributions (left panels).
On the contrary, the interference uv and, particularly, the negative-energy vv terms are
strongly affected by the current operator leading the CC1 prescription to the largest
contribution (in absolute value). Therefore, one concludes that relativistic dynamical
effects do depend very much on the particular choice of the current operator.

The purely longitudinal and interference longitudinal-transverse single-nucleon re-
sponses are shown in Fig. 3. In this case, the presence of the longitudinal channel leads to
differences when comparing various gauges in addition to the particular current operator
selected. Concerning the effects introduced by the operator, these are rather similar to
the ones already observed for the purely transverse responses (see previous figure). Hence
we restrict our attention to the ambiguities that emerge from the particular “gauge” con-
sidered: Landau (NCC1 & NCC2), Coulomb (CC1(0) & CC2(0)) and Weyl (CC1(3) &
CC2(3)). As observed, results for Coulomb and Landau gauges are very similar in all
cases no matter which specific current operator is selected. On the contrary, results cor-
responding to the Weyl gauge (CC1(3)/CC2(3)) lead to very significant differences even
in the case of the purely positive-energy contribution uu.

Summarizing, the “off-shell” effects observed in the PV single-nucleon responses are
very similar to the ones already presented for the purely EM responses [9]. Since such
effects are directly linked to the vector part, ~ «*, in the current, the general arguments
already presented in [9] also apply here. First the discrepancy between CC1 and CC2
results are larger for the uv terms, and particularly, for the vov terms. On the contrary, the

uu contributions show a very mild dependence on the current operator selected (see [9]
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FIG. 2: Transverse single-nucleon responses: 7' (upper panels), 77T (middle) and 77 (bottom).
The separate projection components are shown: uu (left panels), uv (central) and vv (right).

Results are presented for the CC1 (thin lines) and CC2 (thick) current operators.

for an explanation of these effects). Second the results corresponding to Landau and
Coulomb gauges are always similar, whereas those obtained with the Weyl gauge depart
significantly. This behavior can be understood by taking the difference between the
longitudinal current matrix elements, J* = J° — %J?’, evaluated within the different

gauges (see [9] for details).
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2. PV hadronic

responses

Coulomb (dashed) and Weyl (dot-dashed).
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FIG. 3: (Color online) As for Fig. 2, except that now the results are for the longitudinal
responses: L (upper panels), interference T'L (middle) and T'L’ (bottom). Again the two currents
have been selected, CC1 (thin lines) and CC2 (thick), and the three gauges: Landau (solid lines),

In this section we present and analyze the PV hadronic responses corresponding to the

case of protons in the 1p, jo-shell for 160 (Figs. 4 and 5). As already shown, these responses



are given as products of the single-nucleon responses and the corresponding momentum
distribution components: N,,, N,, and N,,. In Fig. 4 we evaluate the effects associated
with the choice of the current operator and the gauge. These results are consistent with the
previous studies applied to the EM responses. Note that the largest discrepancies emerge
with the Weyl gauge. On the contrary, Landau and Coulomb gauges lead to rather similar

results. It is important to point out the extremely different behavior shown by the results
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FIG. 4: (Color online) Hadronic response functions for a proton in the 1p; /2-shell in 160. The

labels of the various curves are as in Fig. 3.

obtained with the Weyl gauge: CC1(3) and CC2(3). Note the discrepancy between the
CC1(3) longitudinal response and the remaining ones. This result can be ascribed to
the magnitude of the single-nucleon component ﬁ,ﬁv (see Fig. 3), that is dominant for all
momenta considered.

In what follows we restrict our attention to the Landau gauge, i.e., NCC1 and NCC2
prescriptions. Results are similar within the Coulomb gauge, whereas Weyl ones are
dismissed because they fail in describing cross sections and polarization ratios data for
different kinematics [23].

In Fig. 5 we show the PV hadronic responses isolating the specific contributions given

by the components uu, uv and vv. As shown, the vv term (green dot-dashed line) is
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negligible in most of the cases. This is a consequence of the value of the momentum
distribution N,,: one order (several) of magnitude smaller than Ny, (N,,) (see [9]). On
the contrary, the particular contribution of the interference uv component (red dashed
line) depends on the specific response considered and the off-shell prescriptions selected.
As already commented on, the use of the CC1 operator tends to maximize the role played
by the interference uv terms. In particular, it is noteworthy to point out the significant uv
contribution in the responses: RTL, RTY" and RTT. Notice that such contribution is even
bigger than the purely uu term in the case of the CC1 current and the responses RTL and
RTT (upper central panels). Although not shown, similar results and comments apply
to the case of a neutron in the p;/p-shell being emitted from the nucleus. This outcome
differs from the one pertained to the EM responses where the longitudinal contribution
(related with the electric charge) is very small in the neutron responses.

For completeness, we also present in Fig. 6 the PV hadronic responses corresponding
to a 1ps/p-shell proton in 160). Comparing these results with the previous ones, i.e., proton
in the 1p;o-shell (Fig. 5), one observes the significant reduction in the effects associated
with the wv (and vv) components. This can be easily explained taking into account the
different role played by the lower components of the bound nucleon wave function for
different spin-orbit parner shells. In fact, for the jack-knifed states (p1/2) the amplitudes
of the negative-energy projections are much larger than those for the stretched states
(p3/2). This is due to the different quantum number ? of the lower components in the two

kinds of states: £ =0 (£ = 2) for pi/2 (ps2) states (see [10]).

B. Final-State Interactions (FSI)

In this section we analyze the effects introduced by the description of the FSI between
the ejected nucleon and the residual nucleus. Results for the PV exclusive responses
are shown in Fig. 7. As already mentioned in previous sections, in this work FSI are
accounted for by solving the Dirac equation in the presence of complex phenomenological
optical potentials fitted to elastic nucleon scattering data. In particular, here we restrict
ourselves to the use of the energy-dependent A-independent EDAI-O potential. The use
of other potentials does not modify the main conclusions. The kinematics have been fixed

as in the previous figures, namely, the transfer momentum is fixed to ¢ = 500 MeV/c
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0.02

the CC2 current.

responses are represented by the solid black lines.
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and the energy transfer is chosen to be in the maximum of the QE peak, w = 132 MeV.
Coplanar kinematics, i.e., ¢y = 0, have been selected.

All results presented in Fig. 7 correspond to the case of a proton being ejected from the
1p1 jo-shell in *°O. In the six upper panels we compare the results evaluated in the RPWIA
limit (green lines) with the ones obtained by including FSI (blue lines). As observed, in
most of the cases FSI lead to a significant reduction in the magnitude of the corresponding
response, being larger for the longitudinal-transverse interference responses: R7* and RTY
(they are reduced by a factor of two). A particular comment applies to RTT: FSI effects
completely modify the behavior shown by the response, even changing the global sign
(from negative RPWIA values to positive RDWIA ones). However, note the smallness
of RTT (likewise for RL) whose contribution is negligible compared with the remaining
responses. Hence it is not strange that this response shows a very high sensitivity to FSI
and its particular description. Finally, concerning the differences ascribed to the use of a
particular current operator, i.e., CC1 vs CC2, the results in Fig. 7 show a similar behavior
for the two approaches, viz. RPWIA and RDWIA.

To conclude, we analyze the so-called dynamical relativistic effects, that is, relativistic
effects associated with the description of the nucleon wave functions. We compare our
fully relativistic RDWIA results with those obtained by projecting out the negative-energy
components in both the bound and scattered nucleon wave functions. This is equivalent
to the wu, uv and vv decomposition shown for the RPWIA case in the previous section.
Here we apply the study to the distorted calculation. In the six bottom panels in Fig. 7 we
compare the RDWIA results with the positive-energy projected ones. The latter approach
is simply known as effective momentum approximation (EMA) (see [23-27] for details on
how the EMA approach is defined). As expected, the differences introduced by the choice
of the current operator and/or gauge are much smaller within the EMA limit. Note that
EMA does not incorporate contributions linked to the uv or vv terms; hence the difference
in the responses come solely from the “off-shell” nucleon effects. This behavior, shown in

Fig. 7 for the PV responses, was already observed for the purely EM ones [9].
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FIG. 7: (Color online) PV hadronic responses for a proton in the 1p; jp-shell in 160. In the upper
panels results in RPWIA (green lines) are compared with the RDWIA ones using the EDAI-O
optical potential (blue). The bottom panels present RDWIA-EDAI-O results (green) compared
with the ones evaluated with the effective momentum approximation (EMA) (red). See text for

details.
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C. Exclusive Helicity Asymmetry

We can introduce an asymmetry for the exclusive process A(€,e'N)B, defined as the
ratio between the difference and the sum of exclusive cross sections evaluated for positive
and negative electron helicity, respectively. This is given as
+

o — 0o

ot+o7’

Aexcl - (25)

where o/~ represents the differential cross section corresponding to positive/negative
incident electron helicity (24). However, there exists a crucial difference between the
above asymmetry defined for (€, e'N) processes and the corresponding one constructed
for inclusive (€, ¢€’) reactions (likewise, for elastic PV electron scattering on the proton).
Whereas for (€,¢') and elastic PVep scattering the asymmetry is only different from
zero because of the role played by the weak interaction, in the case of (€, e¢’N) processes
the purely EM interaction also gives a contribution to o™ — ¢~ through the fifth EM
response function (see discussion of the previous figures). Therefore, the ezclusive
helicity asymmetry introduced in this section is not, in principle, a good observable to
analyze effects linked to the weak interaction; the purely EM one dominates by orders
of magnitude. On the contrary, this observable is particularly suited to study FSI. In
what follows we discuss in detail these results analyzing under which conditions both the
purely EM and the WNC interference contributions give similar results. In other words,
we discuss the limits under which the study of PV responses makes sense for A(e,¢'N)B
reactions.

From the general expression for the cross section in Eq. (9) we can isolate in the helicity

EM

o> and the one associated with the

asymmetry in Eq. (25) its purely EM contribution, A

WNC.

presence of the weak interaction, A

Aexcl(eea q,w, Ema ¢N>p) = Af:(;Ach(eea q,w, Ema ¢Nap) + Aggc(ew q,w, Em> ¢N>p) . (26)

Here we express the explicit dependence of the asymmetry with all the kinematical

WNC

ool term can be

variables. In terms of the nuclear response functions, the interference A

written in the form:

A _ _ _ _
ANNC = 2—g02 [CLA <ULRL +opRY + vpp RET 4 UTLRTL)

— ay (UT,ET’ +UTL,1§TL’)] , (27)
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where we have introduced the function G2 ~ v, RY + vp RT + vpp RTT + vpp RTL 2.

The purely EM contribution, AZM s simply given by the fifth response function RT%":

excl’

TL
ev _ VR
excl gg :

A (28)

Note that RT" only enters when FSI are incorporated in the analysis (RTY = 0 in
RPWIA). Moreover, the dependence on the azimuthal angle ¢y is simply given through
sin ¢, i.e., in the limit of coplanar kinematics, ¢y = 0°, 180°, the helicity asymmetry
being different from zero is solely due to the weak interaction.

In what follows we present a brief analysis of the helicity asymmetry showing the
results obtained for different kinematics and evaluating the role of FSI. We also analyze
the effects associated with the lower components in the relativistic wave functions and
with the particular choice of the nucleon current operator. Our interest is to determine
under which conditions the “exclusive” helicity asymmetry can be appropriate to get

information on the PV response functions

1. Coplanar kinematics: ¢ =0

For coplanar kinematics the helicity asymmetry reduces to A..q = AZQ[ ¢ In Fig. 8
we present the asymmetry corresponding to the case of protons in the 1p; o-shell in 160,
As in previous sections, the kinematics have been fixed to ¢ = 500 MeV, w = 132 MeV,
¢y = 0 and two values for the scattering angle: 0, = 15° (forward scattering; left panels),
and 6, = 140° (backward angles; right panels). The top (bottom) panels show results for
the Landau gauge and the CC1 (CC2) current.

RPWIA results are shown with black lines (fully relativistic responses) and blue lines
(positive-energy projection). The comparison between the two approaches clearly shows
the role played by the lower components in the bound nucleon wave function. In the
region of the missing momentum where the responses attain their maximum values, i.e.,
50 < p < 200 MeV, the asymmetry does show a tiny sensitivity with the momentum,
leading both approaches, RPWIA and projected, to rather similar results. On the

contrary, for higher values, p > 250 MeV, the relative contribution of the lower (negative-

2 We have neglected in G2 the very small contribution given by the PV responses.
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FIG. 8: (Color online) Asymmetry A, for the case of a proton in the 1p; jo-shell in 160, The
kinematics are fixed to ¢ = 0.5 GeV/c and w = 0.132 GeV, and two values for the scattering
angle have been selected: 6. = 15° (forward scattering, left panels) and 6. = 140° (backward,
right panels). Coplanar kinematics are used, i.e., ¢y = 0°. The top (bottom) panels refer to
results evaluated with the NCC1 (NCC2) prescriptions. In each case we compare the asymmetry
corresponding to the RPWIA, RPWIA-uu, RDWIA and EMA approaches. FSI have been

evaluated using the EDAIO potential.

energy) components starts to increase, causing significant departures in the various curves.
This result applies for both of the scattering angles selected.

Concerning the effects linked to the choice of the current operator, i.e., NCC1 ws
NCC2, the differences are negligible within the projected-energy approach. However, these
discrepancies get higher when the contribution coming from the lower-energy components
is included. This is particularly true for large missing momenta and it is basically given
by the interference uv terms. Notice that the discrepancy between the curves can reach a
factor ~ 4 in the case of forward kinematics, and ~ 2 at backward. Moreover, the lower
components are responsible of the oscillating behavior shown by the asymmetry.

Figure 8 also contains the results obtained with FSI. Here we distinguish the fully

relativistic distorted (RDWIA) calculation (red lines) from the effective momentum
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approximation (EMA) (green lines), i.e., projecting over positive-energy components both
the bound and the scattered nucleon wave functions. From the comparison between
RPWIA, RDWIA and EMA results we observe that at p ~ 0.1 MeV (maxima in the
responses) the three approaches lead to very similar results. Although not shown, this
comment also applies to results obtained with other gauges. To conclude, let us note the
important role played by FSI and its dependence on the particular description used to
describe such effects: see the comparison between RDWIA and EMA. The most sensitive
region occurs at high missing momenta (the region where the responses, and likewise the
cross section, are very small).

The general conclusions reached from results in Fig. 8 can be extended to other values

of the transferred momentum and energy close to the QE peak.

2. Non-coplanar kinematics: ¢ # 0

As already mentioned in previous sections, the so-called fifth, purely EM response RT*
only enters in the analysis of (€, ¢/ V) reactions when FSI are incorporated. Moreover, this
response contributes only for non-coplanar kinematics because its dependence with the
azimuthal angle is simply given through sin ¢ . The determination of the fifth response is
also linked to the measurement of the incident electron helicity. Therefore, its contribution
to the helicity asymmetry can be very relevant, particularly, much more important than
the contribution coming from the PV responses.

This problem is considered in the discussion that follows. We consider different
kinematical regimes and analyze the impact that the fifth EM response may have in
the asymmetry, comparing its particular contribution with the one ascribed to the PV
responses. The purely EM responses, included R™Y, are several orders of magnitude
bigger than the PV ones. Hence we have considered specific situations, very close to the
strictly coplanar kinematics, where both the purely EM and the WNC sectors may lead to
similar contributions to the helicity asymmetry. The interest in this study is to determine
what level of precision should be required on the azimuthal angle ¢, in order to isolate in
the asymmetry the particular contribution associated with the PV responses. To simplify
the discussion, in what follows all results have been obtained with the prescription NCC2.

Similar conclusions are drawn from the use of NCC1.
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In the top panels of Fig. 9 we show A, (black solid line) at ¢y = 0.01° and the
separate contributions: AZM (red dashed-dotted line) and AYNC (blue dashed line).
This situation is rather close to coplanar kinematics and, as shown in the figure, the
purely EM contribution clearly dominates both at forward (left panel) and backward
(right) kinematics. The bottom panels show the results corresponding to an even smaller
azimuthal angle, ¢ = 0.001°. In this case, because of the sin ¢y dependence in the fifth

response, the PV contribution is dominant, and here the purely EM one is roughly one

order of magnitude smaller. It is interesting to point out that, contrary to AZM the

WNC

interference contribution A,

does not show sensitivity with ¢y (in the case of very
small ¢y-values). On the other hand, AZM presents a much stronger sensitivity with the
missing momentum, being responsible of the general “oscillating” behavior shown by the
helicity asymmetry.

From this general analysis one concludes that the measurement of the “exclusive”
helicity asymmetry cannot provide information on the PV responses unless the kinematics
can be fixed with an azimuthal angle of the order of one thousandth of degree or less.
In any other situation, the asymmetry only shows effects associated with the purely EM

respomnses.

IV. SUMMARY AND CONCLUSIONS

In this work we have studied PV effects in exclusive A(€,e¢’N)B processes in the
QE regime. Our main interest has been to explore new observables that may allow
us to get new information on the nucleon structure. In particular, PVQE reactions on
complex nuclei can provide information on the WNC form factors that complements the
one obtained from other processes such as elastic scattering off protons, elastic and QE
electron scattering off helium [28, 29] and deuterium [30], neutrino scattering, etc.

In this paper we have focused on the exclusive scattering process, A(€, ¢’ N)B, in which
both the scattered electron and the ejected nucleon are detected in coincidence. Although
being aware of the sifnificant difficulties in getting information on PV responses due to the
presence of the so-called fifth EM response function, its general study can be considered
as a first step in the analysis of PVQE inclusive (€, ¢’) processes. Moreover, it can also

provide additional information associated with the off-shell properties of the nucleons
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FIG. 9: (Color online) Exclusive helicity asymmetry for the p;/-shell (protons) in 160,
Results correspond to RDWIA and NCC2 prescription. The azimuthal angle has been fixed
to ¢n = 0.01° (top panels) and ¢y = 0.001° (bottom). Forward and backward kinematics have

been explored in the left and right panels, respectively.

and dynamical relativistic effects, that can be of great interest in the discussion of PV
(€, e') observables. Therefore, in Sect. II we presented in detail the kinematics and general
formalism needed to compute the exclusive differential cross section and its decomposition
into response functions. This section also contains a careful discussion of the impulse
approximation (IA) and the particular models we have considered. Finally, a complete
analytical calculation of the PV nuclear tensors (likewise for the responses) within the
relativistic plane-wave impulse approximation (RPWIA) is presented in Sect. ITA.

In Sect. III the results corresponding to the exclusive observables are presented and

analyzed. First, off-shell effects in the interference responses are considered within the
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framework of the RPWIA. The single-nucleon interference responses are evaluated by
isolating the different energy-projection contributions: wwu, uv and vv. Moreover, the
two usual prescriptions for the nucleon (vector) current, i.e., CC1 and CC2, have been
used, and for the longitudinal channel, results are shown for the three gauges: Landau,
Coulomb and Weyl. This analysis has been extended to the hadronic responses that are
given as the product of the single-nucleon responses and the momentum distributions of
the nucleon. Most of our conclusions concerning off-shell effects are consistent with those

reported in [9] for the EM responses. We may summarize our main findings as follows:

e The use of the CC1 current tends to magnify relativistic dynamical effects, i.e.,
the contribution linked to the lower components in the nucleon wave function.
Differences between CC1 and CC2 results come from the vv and, particularly, from
the uv contributions. Notice that the momentum distribution N,, is several orders

of magnitude smaller than N,,,.

e Responses evaluated with the Landau and Coulomb gauges are very similar. On
the contrary, the Weyl gauge leads to very significant differences that, for some
kinematics, are not consistent with data for the EM responses. Therefore, most of

the results shown in this work correspond to the Landau gauge.

We have analyzed the effects introduced by final-state interactions (FSI) in the PV
responses and have computed the helicity asymmetry associated with the exclusive
process. The analysis of the weak interaction through PV electron scattering requires
observables whose existence should be unequivocally linked to such interactions. This
is the case of the helicity asymmetry defined for elastic PV electron-proton scattering
as well as for QE (€, ¢') reactions. However, the situation is more delicate in the case of
coincidence (¢, ¢/ N) processes. Here FSI give rise to the so-called fifth EM response, RTY,
that enters in the analysis of the process when the incident electron helicity is measured.
Moreover, its angular dependence is given through sin ¢, and hence it only appears for
out-of-plane (non-coplanar) kinematics. This means that, unless the angle ¢y is very
close to 0 or 7 (to an accuracy higher than one thousandth of a degree), the helicity
asymmetry is completely dominated by the EM interaction; hence, barring such extreme
circumstances, it cannot provide information on the PV responses associated with the

weak interaction.

28



Acknowledgements

This work was partially supported by DGI (Spain): FIS2011-28738-C02-01, by the
Junta de Andalucia (FQM-160) and the Spanish Consolider-Ingenio 2000 programmed
CPAN, and in part (TWD) by US Department of Energy under grant Contract Number
DE-FG02-94ER40818. R.G.J. acknowledges financial help from VPPI-US (Universidad
de Sevilla) and from the Interuniversity Attraction Poles Programme initiated by the

Belgian Science Policy Office.

Appendix A: Relativistic Plane-Wave Impulse Approximation (RPWIA)

In this appendix we show in detail the calculation of the hadronic tensors and responses
that enter in the analysis of (€, ¢/ V) reactions within the Relativistic Plane-Wave Impulse
Approximation (RPWIA). The general procedure was originally developed in [9] in the
case of unpolarized EM responses, and later extended to the study of EM polarized
observables [13, 22]. Here we follow a similar procedure and we apply the general
formalism to the analysis of PV electron scattering. We isolate the contribution ascribed
to the positive- and negative-energy components in the bound nucleon wave function and
show results for the two usual prescriptions of the current operator: CC1 and CC2.

Within RPWIA the hadronic tensors can be given in the general form:

W = SZ[J;;M}*[J;M]
S [alp. ) Ty 0 (0)] [alp. sn) T 97 ()] (AL)

mj SN

W = iz JgM JWNC]
I F

= Teotg 0 Y[ ) Ty 0 (0] [ADx. s3) e ¥ (0)] - (A2

mj SN

The current matrix elements can be decomposed by using the completness relation:

(J")u =Y _a(px, sn) T u(p, S) [a(p, S)@;" ()] (A3)
S

(J")o = ) ulpn, sn) S o(p. S) [0(p, S)2;" ()] . (A4)
S
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where the first term, labelled with the index w, comes from the coupling of the bound
nucleon wave function with the positive-energy Dirac spinors u(p, S), and the second one,
v, is linked to the negative-energy Dirac spinors v(p, S).

Proceeding in this way the purely EM and PV hadronic tensors can be separated
into three terms: W = WE" + WE + WL, where WE” (W}") is the contribution
from positive-energy (negative-energy) projections only, while WE” is a crossed term
containing products of both positive- and negative-energy projections. Following the
general arguments presented in [9] and introducing the functions associated with the

upper/lower components in the bound nucleon wave function in momentum space:

awlp) = 9u(p) = = Sefe(p) (45)
B j%
Be(p) = mgk(p) — Sefr(p) (A6)

we can finally express the different contributions to the hadronic tensors in the form:

v E_I_M |Oék(p)|2 —_ T : _ TU
WE = & == e 2 [Eex sw) (. S) | [, sw) Tiase(p. S)
. ~ ~/ SNS
Nuu(p) ~ Wv,u,u g
= >N, (p) W | (A7)
v F+M |B (p)|2 — 7 : — Tv
W¥ = ¢ i or Z a(pn. ) 50D, )| |, sv)Tiao(p, )
N;ur(P) Z‘;,J -
= N, (p) 2", (A8)
N&(p)
, E+ My\ ax(0)Be(p) =1 (, , 0-p
w2 [ - !
e = o () MRS {17
< 3| [0 51720, 10,5)) [, 53 (0,5
SN
n [n<pN,sN>fzéMv<p,sﬂ*[a(pN,sN>JgMu<p,S'>}]}
= 62Nuv(p) N (A9)
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A similar decomposition holds for the WNC hadronic tensor:

W = (ot ) o) W (A10)

e = (—g) Now(p) 2 (AL1)
4 cos Oy

e = ( g )Nw<p> 3 (A12)
4 cos Oy

where the single-nucleon tensors W’W, Zm and N are defined in a similar way to the
purely EM ones (W ZF N#) given in Egs. (A7), (A8), (A9), but inter-changing one

of the purely EM nucleon current matrix element with the corresponding WNC one.

In what follows we evaluate the explicit expressions for the PV single-nucleon
tensors. We consider both CC1 and CC2 prescriptions for the vector part in the weak
current. The purely EM tensors have been already presented in previous work [9], hence
here we restrict our attention to the WNC tensors. To simplify the analysis we separate

the positive, negative and crossed contributions.

1. Positive-energy tensor: uu contribution

In this case the interference single-nucleon tensor is given by the following trace:
W = [ ]
= Tl (P M) (e + Jiowa) (P )] (A13
The following expressions are obtained for the two prescriptions of the vector term in the

weak current:

e CC1 Vector contribution:

—2
N ~ 1 ~ ~ [= —v
WE = Sg‘.fuu — W{(Fl + Fy)(Fy + Fy) <P"P]”V + P Py + %g“”)
N
1 ~ @2 ~ o~ ~
+ 3 [Fﬁ2 (1 — W) — By(Fy + Fy) — Fy(Fy + Fg)} C“C”} . (A14)
N

e CC2 Vector contribution: Contrary to the previous case, here the tensor has

both symmetric and antisymmetric parts:
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The symmetric tensor is

2

S 1 io|p B Q FFy+ BF ,—
SV = W{FlFl P'P+P Pﬁ,—l—%g’“’ +%guu@@
N
FE FE . s
B ( T @O+ @@ +Q'Q ))

+ ﬁfj [PN Q(P Q" + P'Q") + P - Q(PLQ” + PLQ")
—2
— Q*(PYP" + P P") - Q"Q” <2Mz2v—%>
@2
co(e(or-2)-anara)l

and the antisymmetric one is

F2F1

A, = — (F1F2 (@'Q"-Q'Q") + 22 (Q'Q" - @“Q”)). (A17)

e CC1 Axial contribution:

W/W 'AA uu = (Fl + FQ)Ge EMVOCBFOCPNﬁ . (A18)

M2

e CC2 Axial contribution: Again symmetric and antisymmetric parts contribute

to the whole single-nucleon tensor:

ij - Siuuu + AA uu (A]'g)
with
SVMV _ v F2 é v _pafd w vaBd F P A2
Aw = 32\ T2 p (QUe ™ + Q1" ™) PPy Qs ¢ - (A20)

i F _ _
A = R {EWQBG@ { 22 (Py 4+ P)aQs + FlpapNﬁ]

Fy

+ Wép (QVE‘uaﬁé — Q,ueuaB&) ?QPNﬁQ(;} . (A21)
N

32



2. Negative-energy tensor: vv contribution

In this case the general expression for the single-nucleon tensor in terms of traces reads:

1 -

B = T[Ty (P + M) Ty P = My)] (A22)
N

The following explicit expressions are obtained:

e CC1 Vector contribution It presents symmetric and antisymmetric terms,

B =8, + AL 429)
with
RIZ 1 =~ = B pr DY ppr (?+PN)2 v
Svow = T B+ B)(FL+ )| PPy + P Py ———F——g"
, M2 2
F2§2—2 - 55)
— 2 20°(P + Py)"(P + Py)”
ST (P + Py)"(P+ Py)
Fy(Fy + Fy) + Fy(Fy + F S——
. o (F1 + 2)‘5 o (F1 + 2)(P]’(,PK,—P”P)}> (A24)
- 1 [BR-BE, — o —
A, = M?V{ . (PLP —PNP“)}. (A25)

e CC2 Vector contribution In this case the symmetric and antisymmetric parts of
the tensor are

M2 2

. U e (P4 Py
N

ARERI QP + Py + QP+ Py =20 (P + Pa)g™)
F21?’2 DA | DY §5) 19 aY2 v 62 v
b [Py QP'Q H PIQN + P QUPEQ + FRQY) + 2-Q"Q
N
. _ 0’ _
— QPP+ PYPY) - g <T +2(Py - Q)(P- Q)) } o (A%)
A= {F L BB (@ py @ P PN)“)} (A
N
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e CC1 Axial contribution Here the result coincides with the expression already
obtained for the CC1 axial contribution in the case of the purely positive-energy

tensor in Eq. (A18).

e CC2 Axial contribution Its symmetric and antisymmetric parts, Z4” = gﬁ'jw +

ALY are given by

l
2
My,

{ FZGP (Queuaﬁé + Q“EV&B(S)?QPN,BQJ} 7 (A28)

Quy
SA,UU -

AM?,

. i Fy — _
Ai,vv = —{ MVOCBGZ [J(P - PN)ocQB + FlpaPN7B:|

M 2
RG _

2 2p (Queuaﬁé _ Queuaﬁé)PQPNﬁQé . (A29)
AN, ,

3. Crossed tensor: uv contribution

The non-diagonal spin single-nucleon tensor N'* that enters in the evaluation of the
crossed uv hadronic tensor can be written in terms of a diagonal tensor constructed
from spinors quantized with respect to a spin axis pointing along a generic direction,
RM"™ (Or, ¢r). This is the spin precession technique that has presented in detail in [9, 31].
Here we simply summarize the main results applied specifically to the case of the PV
response functions.

In general we can write
N =RM(0,0) cos 0 + (R‘“’(g, 0) cos ¢ + R‘“’(g, g) sin (bN) sinf, (A30)

where 6, ¢ are the angles defining the direction of the bound nucleon momentum p and

the tensor R* is given in the general form

TT{SngM(PN + MN)jII/jVNC] (A31)

R“V(eRa ¢R) = 4MN

with J%, (Ji vo) the purely EM (WNC) current operators. Isolating the vector and
axial contributions in the WNC operator, and after some algebra, the following results

are obtained for the two prescriptions of the vector current:
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a. Vector interference contribution

e CC1 prescription: The single-nucleon tensor has symmetric and antisymmetric

parts,

with
St =
_'_

and
~ 1
B = o

My
Fy L,

AM?,
Fy(Fy + ) + Fy(Fy + F)

DUV QU A
RV - SV,uv + AV,uv

4

 RB(F+B)-BFR+E)

{(F1 + B)(F, + F) (Sgpfv + SV Pl — (P - SL)gW)
(Py - Sp)(P + Py)"(P + Py)”

«F+PWV&A%F+&%Y$Q},

{

4

(A32)

(A33)

((P+ Py)"Sy — (P + Py)"SY) } :

(A34)

e CC2 prescription: Likewise, the symmetric and antisymmetric parts result:

and

S
SV,uv

1
My

FFy+ BV F

2
FyFy
10

(Q-Sp)g" +

Flﬁg + Fgﬁl

__{REQ%%+syw—Gwﬁm¢Q

(@ s+ QUsy)

hwm%@48m6+&ww%@+ﬂm%

Q*(PNST + PySE) — (Py - S1)Q"Q"

" (Q°Py - S, — 2(Py - Q)(Sy, - Q))] } ;

Av
AV,uv -

1

FFy — FyF,

My

{

4
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b. Auxial interference

In this case the expressions for the tensor can be cast as follows:

e CCI1 prescription

l

féuv _ JZ(HV _
Auv MN

(Fl + Fg)GZEuyaﬁPN’aSLﬁ (A37)

e CC2 prescription: The symmetric term is

l

AL = i {G;ewaﬁ <F1PN,a + %Qa) Sp.s
- Zﬁé (Q e + Qre™) QaPN,BSL,(;} : (A38)
and the antisymmetric one
gifuv = _MLN{_Zf]{ (@7 — Qrer?) QaPN,BSL,é} : (A39)
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