
This is the accepted manuscript made available via CHORUS. The article has been
published as:

Field-induced spin density wave and spiral phases in a
layered antiferromagnet

M. B. Stone, M. D. Lumsden, V. O. Garlea, B. Grenier, E. Ressouche, E. C. Samulon, and I.
R. Fisher

Phys. Rev. B 92, 020415 — Published 28 July 2015
DOI: 10.1103/PhysRevB.92.020415

http://dx.doi.org/10.1103/PhysRevB.92.020415


This manuscript has been authored by UT-Battelle, LLC under Contract No. DE-AC05-00OR22725 with the
U.S. Department of Energy. The United States Government retains and the publisher, by accepting the article for
publication, acknowledges that the United States Government retains a non-exclusive, paid-up, irrevocable, world-
wide license to publish or reproduce the published form of this manuscript, or allow others to do so, for United States
Government purposes. The Department of Energy will provide public access to these results of federally sponsored
research in accordance with the DOE Public Access Plan (http://energy.gov/downloads/doe-public-access-plan).



Field induced spin density wave and spiral phases in a layered antiferromagnet

M. B. Stone,1 M. D. Lumsden,1 V. O. Garlea,1 B. Grenier,2 E. Ressouche,2 E. C. Samulon,3 and I. R. Fisher3

1Quantum Condensed Matter Division, Oak Ridge National Laboratory, Oak Ridge, Tennessee 37831, USA
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We determine the low-field ordered magnetic phases of the S = 1 dimerized antiferromagnet
Ba3Mn2O8 using single crystal neutron diffraction. We find that for magnetic fields between µ0H =
8.80 T and 10.56 T applied along the [11̄0] direction the system exhibits spin density wave order
with incommensurate wave vectors of type (η, η, ǫ). For µ0H > 10.56 T, the magnetic order changes
to a spiral phase with incommensurate wave vectors only along the [hh0] direction. For both field
induced ordered phases, the magnetic moments are lying in the plane perpendicular to the field
direction. The nature of these two transitions is fundamentally different: the low-field transition is
a second order transition to a spin-density wave ground state, while the one at higher field, toward
the spiral phase, is of first order.

PACS numbers: 75.10.Jm, 75.40.Gb, 75.30.Et

The mapping of Bose-Einstein condensates and quan-
tum critical points onto the low-temperature magnetic
field dependent phase diagrams of quantum antiferro-
magnets has allowed for further understanding of the ex-
otic ground states and excitations in these systems.[1, 2]
Although quantum critical points exist purely at zero
temperature, their influence can be observed experimen-
tally in these systems at finite temperatures with both
thermodynamic and spectroscopic probes.[3–5] Dimer-
ized quantum antiferromagnets have become an espe-
cially popular testing ground for such behavior. These
systems often consist of strongly coupled spin pairs or
dimers with a series of weaker interdimer interactions.[6,
7] The system we examine, Ba3Mn2O8, has the addi-
tional complexity of competing nearest and next-nearest
neighbor interactions and of single ion anisotropy. These
effects serve to stabilize an intermediate phase on the
magnetic field-temperature phase diagram which has not
been observed in other dimer systems.

Ba3Mn2O8 is a S = 1 antiferromagnet with the Mn5+

ions forming a rhombohedral network of weakly coupled
dimers. The spin dimers are oriented along the c-axis of
the hexagonal unit cell as shown in the inset of Fig. 1(a).
Interdimer interactions form a frustrated hexagonal net-
work in the ab plane with additional out of plane cou-
plings. Thermodynamic measurements observed a gap
in the magnetic excitation spectra of approximately 1
meV[8] with a disordered spin-liquid ground state sup-
porting well defined singlet-triplet excitations. Inelas-
tic neutron scattering measurements have confirmed this
and refined the exchange constants illustrated in the inset
of Fig. 1(a)[9, 10].

Application of a magnetic field along any direction
of the crystal structure serves to lift the degeneracy of
the triplet excitation into its three Sz components. At
µ0Hc1 ≈ 9 T, the spin gap is closed and a peak in specific
heat and magnetic susceptibility indicates a transition to
a magnetically ordered phase.[11] As the magnetic field

increases, additional triplet excitations condense into the
ground state until µ0Hc2 ≈ 26 T where the system reen-
ters a disordered paramagnetic phase. At larger magnetic
fields higher order excitations begin to condense into the
ground state and a second ordered phase has been found
to exist between µ0Hc3 ≈ 32.5 and µ0Hc4 ≈ 47.9 T.[8, 12]
Figure 1(a) illustrates the low temperature phase dia-
gram in the vicinity of µ0Hc1. A second phase (phase
II) was also found to exist in this region for magnetic
fields applied perpendicular to the c-axis with critical
fields µ0Hc1a and µ0Hc1b between the quantum paramag-
netic phase (QP) and phase II and between phase II and
phase I respectively.[13] For magnetic fields applied along
the c-axis, only one phase boundary has been observed
with thermodynamic measurements (phase I). These two
phases have been proposed to be due to the existence of
a finite on site anisotropy term, D, in the Hamiltonian
as well as the existence of significant inter-layer exchange
interactions along the c-axis.[22] The focus of this com-
munication is to examine these two phases using neutron
diffraction techniques in order to understand their funda-
mental differences. We find that phase I corresponds to a
long range ordered spiral phase with an incommensurate
wave-vector. However the order in phase II is due to a
spin-density wave, i.e. an amplitude modulated uniax-
ial magnetic structure. This is a new scenario for field-
induced ordered phases in quantum magnets.

Single crystals of Ba3Mn2O8 were produced as de-
scribed in Ref. [11]. Single crystal magnetic neutron
diffraction measurements were performed using the lift-
ing counter two-axis diffractometer D23 at the Institut
Laue-Langevin in Grenoble, France. The m = 0.1 g sam-
ple was mounted in the (hhℓ) scattering plane. This ori-
entation of the sample placed the magnetic field perpen-
dicular to the c-axis to access both phases I and II. The
sample was mounted within a dilution refrigerator placed
within a 12 T vertical field magnet equipped with large
vertical access to probe out of plane wave vectors with the
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FIG. 1: (color online) (a) Magnetic field versus temperature
phase diagram for Ba3Mn2O8 with µ0H⊥c. Open and closed
black points for T > 0.3 K are from the low magnetic field
range of Ref. [11], and were determined from magnetocaloric
effect (MCE) and heat capacity (Cp) measurements. Points
for T < 0.2 K correspond to the critical fields observed in neu-
tron scattering measurements (e.g. Figure 2). Phase bound-
ary lines are guides to the eye. Phase I and phase II are de-
scribed in the text. Phase QP is a quantum paramagnetic dis-
ordered phase. Inset shows the nuclear crystal structure only
illustrating the Mn5+ S = 1 sites. Intradimer(interdimer)
exchange is depicted with solid(dashed) lines with labeling of
exchange paths as in Ref. [10]. (b) Rocking curves of magnetic
Bragg peaks at µ0H = 10 T. (c) Rocking curves of magnetic
Bragg peaks at µ0H = 12 T. Rocking curves have been offset
by their peak location in ω, the sample rotation angle, such
that they are centered at ω = 0. Rocking curves have been
offset vertically by their fitted background value. Solid lines
through rocking curves are Gaussian fits. The scattering vec-
tors of the individual rocking curves are listed in the figure
caption.

lifting counter of the diffractometer. Nuclear and mag-
netic peaks for refinement were measured at a wavelength
of λ = 1.2815 Å using a copper (200) monochromator.
Throughout the manuscript, we index reflections using
the hexagonal lattice of Ba3Mn2O8.

The low-temperature nuclear structure was refined at
µ0H = 12 T and T = 0.07 K using FullProf software.[14]
No change in nuclear Bragg peak position or scattering
intensity was observed as a function of applied mag-
netic field. This indicates that the nuclear structure
does not change with magnetic field and that the sam-
ple remained fixed in position as the magnetic field was

varied. The low-temperature high-field structure agrees
well with the previously reported structure at ambient
temperature.[16] A summary of the nuclear refinement is
discussed in the supplemental material.[15]

A search in reciprocal space to find magnetic order-
ing wave-vectors was made in the vicinity of (m

3
, n
3
, ℓ)

for integer m and n. These wave vectors are near the
location of the overall minimum in the singlet-triplet
dispersion.[10] In an applied magnetic field, the spin gap
will close first very close to these wave vectors. Broad
scans along (m

3
, n
3
, ℓ) directions for fixed integer values

of m and n were performed using a graphite monochro-
mator and relaxed instrument collimation to improve the
measured scattering intensity. Once individual magnetic
Bragg peaks were observed, their positions were further
refined by using the copper monochromator with addi-
tional beam collimation.

Figure 1(b) shows several characteristic magnetic
Bragg peaks for µ0H = 10 T. The determined peak posi-
tions were found to be incommensurate with the crystal
lattice both in the a∗−b∗ plane and along the c∗ direction.
We characterized the propagation vectors as k = (η, η, ǫ)
with ηII = 0.316 ± 0.01 and ǫII = 0.04 ± 0.009 from re-
ciprocal space scans in phase II.[17] There are six poten-
tial propagation vectors of the type k = (η, η, ǫ) for the
R3̄m space group.[15] The six arms of the k = (η, η, ǫ)
star are k1 = (η,−2η, ǫ), k2 = (−2η, η, ǫ), k3 = (η, η, ǫ),
k4 = (η,−2η,−ǫ), k5 = (−2η, η,−ǫ), k6 = (η, η,−ǫ).
An extensive search in reciprocal space at µ0H = 10 T
found magnetic reflections for only two of these prop-
agation vectors which we label as k

II
1 = (ηII,−2ηII, ǫ)

and k
II
2 = (−2ηII, ηII, ǫ). The other potential propaga-

tion vectors for the R3̄m space group were examined,
but found to not have any magnetic scattering intensity.
Both the k

II
1 and k

II
2 vectors are approximately ±30◦

from the applied magnetic field direction. A small mis-
alignment of the magnetic field relative to the crystal-
lographic axes may be favoring these domains over the
k
II
3 -kII

6 domains. The value of ηII agrees well with the
location of the minimum in the zero field magnon dis-
persion. The incommensurability along the c∗ axis is
small but non-zero, and is a likely consequence of a small
next-nearest-neighbor bilayer exchange coupling in the
system that has not been accounted for in prior models
of Ba3Mn2O8.

For µ0H = 12 T, we observe a single incommensurate
propagation vector with greater overall intensity than
that found for either of the two propagation vectors in
phase II. The incommensurability along the c∗ axis van-
ishes, ǫI = 0 ± 0.009, and the incommensurability in the
plane shifts slightly ηI = 0.313 ± 0.01. There are three
potential propagation vectors of the type k = (η, η, 0) for
the R3̄m space group.[15] An extensive search in recip-
rocal space at µ0H = 12 T found magnetic reflections
only for propagation vectors of the type k

I
3 = (ηI, ηI, 0).

The equivalent propagation wave-vectors were examined
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and found not to exist. The magnetic Bragg peak loca-
tions observed in phase I are at wave-vectors very near
the minima of the zero field dispersion of Ba3Mn2O8 just
as in phase II. However, the ordered state of phase I is
not the same as that of phase II.
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FIG. 2: Intensity as a function of magnetic field for two mag-
netic Bragg peaks corresponding to the two low-temperature
(T ≈ 0.05 K) magnetic phases in Ba3Mn2O8. Vertical trian-
gle symbols correspond to increasing the magnetic field; in-
verted triangle symbols correspond to decreasing the applied
magnetic field during the measurement. Solid lines are fits to
a power law for a range of one Tesla above the critical field
for each measurement. Extracted order parameter values are
discussed in the text.

Figure 2 illustrates the magnetic field dependence of a
magnetic Bragg peak in each of the phases. These mea-
surements were performed by counting for a fixed number
of incident neutrons on a beam monitor while the mag-
netic field was slowly increased or decreased. No heating
of the sample was observed during this process. The tem-
perature for these measurements was fixed between 0.04
and 0.06 K. The rate of the changing magnetic field was
doubled for one of the measurements without any dis-
cernable change in the resulting data. There is no hys-
teresis observed between phase II and the quantum para-
magnetic phase, suggesting a second order phase tran-
sition. However there is hysteresis in crossing between
phase II and phase I for measurements of Bragg peaks
of both these phases suggesting either a first order tran-
sition or a spin-glass system not in equilibrium at this
phase boundary. We do not anticipate this transition
to be associated with a glassy state due to the lack of
such effects observed in extensive thermodynamic mea-
surements. Nuclear reflections were also examined as a
function of applied magnetic field. Within the counting
statistics of the experiment, the peak intensity and loca-
tion of nuclear reflections was found to remain constant
with field.
The neutron scattering magnetic cross-section allows

one to extract information regarding the order parame-
ter β associated with the sublattice magnetization. We fit

the field dependent magnetic scattering in the vicinity of
8.75 T to a power-law of the form I = I0 +A(H −Hc)

β

for H > Hc and I = I0 for H ≤ Hc where I0 is an
overall background above and below the critical field Hc.
We fit over the range of data up to one Tesla greater
than the critical field. To determine an appropriate er-
ror bar for the extracted values of β, we also perform
separate fits for a range of Hc + dH for dH = 0.5 and
1.5 Tesla. The determined critical field values are plot-
ted in Fig. 1(a), and are consistent with the higher tem-
perature values obtained from thermodynamic measure-
ments. Low-temperature individual rocking curves were
also performed as a function of applied magnetic field for
the ordering wave vector in phase II. The extracted criti-
cal fields for these measurements are the low-temperature
values plotted in the phase diagram. We parameterize
the transition into phase I with the power-law expression
to extract a reasonable value of Hc. Because this is likely
a first order transition, it is not appropriate to extract
an order parameter.

The order parameter and critical field determined for
increasing the magnetic field through the QP to phase
II transition is β = 0.35+0.09

−0.07 with µ0Hc1a = 8.77(2) T.
Very similar values are found for decreasing the mag-
netic field through this transition: β = 0.39+0.07

−0.06 with
µ0Hc1a = 8.75(2) T.[17] These values agree with a three
dimensional description of the transition. Calculated val-
ues of β for the Heisenberg, XY and Ising models all
potentially agree with our measured values.[18–20] High
point density thermodynamic measurements in the vicin-
ity of this transition would serve to further limit this
classification.

The magnetic reflections were normalized to the scat-
tering intensity found from the nuclear refinement.[14]
Phase II was modeled assuming the existence of two mag-
netic domains with propagation vectors k

II
1 and k

II
2 as

described earlier. Refinements were performed using 31
reflections from one domain and 37 magnetic reflections
from the second domain. We note that a domain struc-
ture and a multi-k structure (where kn coexist) cannot
be distinguished from our data, so that the latter possi-
bility cannot be ruled out. The refined magnetic struc-
ture for phase II is a spin density wave (SDW) with the
spins always pointing within the plane defined by the
c-axis and the [110] direction, perpendicular to the ap-
plied magnetic field. A phase angle was allowed to vary
between the projected moments of the Mn sites (0, 0, z)
and (0, 0, z̄), This phase converged to nearly 180◦, consis-
tent with antiferromagnetic dimers. Assuming the mag-
nitude of the moment to be identical for both domains,
we arrived at a value of 1.4(1) µB with a canting an-
gle magnitude of 22.4 ± 3.5 degrees with respect to the
c-axis and domain populations of 52% and 48% for do-
main k

II
1 and k

II
2 respectively.[15] Figure 3(a) is an illus-

tration of the magnetic order determined for one of the
wavevector pairs in phase II. Considering the proposed ef-
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FIG. 3: (a) Ordered magnetic structure as determined for µ0H = 10 T, phase II. Structure corresponds to domain k
II
1 . (b)

2-k magnetic structure scenario for phase II with different colored spin-vectors representing the alternating canting angle along
the c-axis. (c) Ordered magnetic structure, kI

3, as determined for µ0H = 12 T. Only the Mn5+ sites with the ordered spin
vector are shown in the figures for clarity. The vertical axis of the figures corresponds to the crystallographic c-axis. The spins
lie in the plane perpendicular to the direction of the applied magnetic field (H‖[11̄0]). Grey lines are the boundaries of unit
cells. Red lines between Mn5+ sites are shown to illustrate the dimers. Blue and black vectors are the directions of the S = 1
moments. Blue shaded discs in (c) illustrate the cycloid structure. Measurements were performed in the [hhℓ] scattering plane
with the magnetic field perpendicular to this plane. The direction of the magnetic field is approximately normal to the page.

fective Dzyaloshinskii-Moriya (DM) interaction between
dimer pairs in the staggered adjacent layers[13], one can
also consider a model that combines the two pairs of k’s
into a single domain 2-k magnetic structure. In this sce-
nario, the canting angle alternates from one dimer layer
to the next. This model would be in better agreement
with magnetometry measurements [11, 13] which indi-
cated an axial anisotropy along the c-axis. This potential
2-k model is illustrated in Fig. 3(b).

We modeled the high field phase using 70 measured
reflections and the single propagation vector ±k

I
3. The

best description of the data was obtained by using a spiral
(cycloid) magnetic structure rather than a spin-density
wave. The spiral structure exhibits a nearly perfect circu-
lar orbit with the magnitude of the magnetic moment be-
ing 0.78(3) µB. This value compares well to the moment
of phase II considering the average moment of the SDW
would be 2

π
times the refined amplitude of the SDW.

The moments all lie within the plane defined by the c-
axis and the [110] direction , perpendicular to the applied
magnetic field. The moments are collinear for neighbor-
ing spins along the b-a direction. The moments for each
particular spin pair point 180◦ apart. Figure 3(c) is an
illustration of the magnetic order determined for phase
I. Additional information regarding the magnetic struc-
tural refinement of both phases is given in the supple-
mental information.[15] We also note that with magnetic
fields just above µ0Hc1 these measurements are not sen-
sitive to small ferromagnetic components of the ordered
magnetic structures. As the magnetic field increases up
to µ0Hc2, there will be a growing ferromagnetic moment

as one renters the paramagnetic half-magnetized phase.

Through low-temperature high magnetic field neutron
diffraction measurements we are able to determine the
nature of the proposed ordered phases in Ba3Mn2O8.
We indeed observe magnetic order consistent with pre-
dictions based upon the established Hamiltonian for
Ba3Mn2O8, i.e., phase II is an Ising-like amplitude mod-
ulated phase and phase I is an incommensurate spiral
structure.[11] Low temperature NMR measurements as
a function of magnitude and direction of applied mag-
netic field have found that for H ⊥ c, as in our measure-
ment, the transition between the quantum paramagnet
phase and the ordered phase is more Ising-like instead
of being defined by the Bose-Einstein quantum critical
point for H‖c.[22] The order parameter we determine
for the transition between phase II and the quantum
paramagnetic phase agrees with this. Recent large-size
cluster mean-field models have determined that the hys-
teretic response we observe between phase I and phase II
may in fact be a general feature of quasi-two-dimensional
triangular lattice dimerized antiferromagnets.[23] This
makes Ba3Mn2O8 the first such system in which this
effect has been observed and may make this system a
candidate for exhibiting so-called magnon or spin super-
solid behavior.[24] The dimerized nature of the interac-
tions as well as the existence of frustrated interdimer
coupling is also likely contributing to this behavior in
Ba3Mn2O8.[25]
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