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Using atomistic simulations, we investigate the dynamical behavior of a single skyrmion interacting
with an asymmetric linear protrusion array under external ac driving. The linear protrusion array
is placed in the xy plane and is composed of magnetic walls near the edge of the nanotrack that
have angled linear protrusions into the nanotrack. The structure forms a hard-axis for −x direction
motion and an easy-axis for +x direction motion. When the ac drive is applied along the x direction,
the skyrmion moves along the hard direction of the substrate asymmetry in three phases: a pinned
phase with localized skyrmion orbits, a constant velocity phase where the orbits become delocalized,
and a reentrant pinned phase with larger localized orbits. We measure the dependence of the
skyrmion velocity on the frequency and amplitude of the ac drive. All three phases appear for all
frequency values simulated here, and in the constant velocity phase the skyrmion velocity depends
only on the frequency and not on the amplitude of the ac drive. When ac driving is applied in the
y direction, the skyrmion moves along the easy direction of the substrate asymmetry and exhibits
the same three phases as for x direction driving along with a fourth phase which, at high driving
frequencies, consists of a series of constant velocity phases, each with different average skyrmion
velocities. For low frequencies, the constant velocity phase is lost and the skyrmion speed increases
linearly with increasing ac drive amplitude due to a Magnus boost effect. Our findings suggest new
ways to create reliable data transport for spintronic devices using skyrmions as information carriers,
where the skyrmion direction and speed can be controlled by varying only the ac drive amplitude
and frequency.

I. INTRODUCTION

In the field of data storage, there is great interest in
discovering novel approaches that demand lower energy
consumption and offer increased data density. The rapid
increase in cloud-based storage has resulted in substantial
energy consumption1, a concern that can be mitigated
through new data storage techniques capable of enhanc-
ing data density and data transfer efficiency. One promis-
ing direction is to employ topological stable objects with
reduced dimensions whose transport can be controlled
precisely. Recently magnetic skyrmions, which are topo-
logically stable spin textures2,3 of size ranging from a few
nanometers up to a micrometer4, have been observed ex-
perimentally in chiral ferromagnetic thin films and bulk
crystals5–8. Skyrmions are considered one of the most
promising candidates for future spintronic devices2,9,10

due to their reduced size and stability even at room
temperatures10,11, as well as their ability to be trans-
ported via the application of a spin-polarized current.
The current density necessary to drive a skyrmion is
over five orders of magnitude smaller than that required
to move magnetic domain walls12,13, and as a result,
skyrmion-based devices could provide more reliable and
energy-efficient high density data storage. Some of the
proposed skyrmion-based devices include magnetic logic
gates14–16, diodes15,17–22, and transistors23. Magnetic
skyrmions could also be used in non-conventional com-
puting, such as audio classification artificial intelligence24

and neuromorphic computing20,25,26. In order to har-
ness magnetic skyrmions effectively for spintronics de-
vices and unconventional computing, precise control over
their motion is crucial, and significant efforts have been
devoted to achieve this goal10,27–32.

Skyrmions exhibit many similarities to other over-
damped particles. Both minimize their repulsive in-
teractions by forming a triangular lattice, can be set
into motion by external drives, and interact with de-
fects in the material33,34. A distinguishing property of
skyrmions is the presence of a strong non-dissipative
Magnus force, which results in a very distinct dynam-
ical behavior since the Magnus force creates a velocity
component perpendicular to the net force acting on the
skyrmion. The sign of this perpendicular component de-
pends on the skyrmion winding number or topological
charge2,35–40. Due to the presence of the Magnus term,
the skyrmion moves at what is known as the intrinsic
skyrmion Hall angle θintsk

2,35–39 with respect to an applied
external drive. The intrinsic skyrmion Hall angle is an
important problem for technological applications, since
it can cause skyrmions to move towards the edge of the
sample, leading to annihilation events that limit how far
the skyrmion can travel. In order to prevent this anni-
hilation process, a precise control of the skyrmion mo-
tion is required. There is an increased effort to find new
ways to control the skyrmion motion and avoid the intrin-
sic skyrmion Hall angle problem. Some of the proposed
methods include the use of periodic pinning41–46, sam-
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ple curvature47–49, interface guided motion50,51, ratchet
effects52–55, temperature and magnetic gradients56–59,
granular films60, parametric pumping61 skyrmion-vortex
coupling using heterostructures62,63, skyrmion lattice
compression64,65, laminar flow of skyrmions28, soliton
motion along skyrmion chains66,67, and skyrmions inter-
acting with chiral flowers68.

The interaction of overdamped particles with asym-
metric potentials under dc or ac driving has been ex-
plored widely52,69–77. For ac driving, the system may
exhibit a ratchet effect in which there is a net dc trans-
port of the particle that is generally along the easy flow
direction of the potential. One of the earliest skyrmion
ratchet studies involved a quasi-one-dimensional (1D)
asymmetric substrate52. For ac drives applied parallel
to the substrate asymmetry direction, quantized net dc
displacements of the skyrmion occurred, while a Magnus
induced transverse ratchet appeared when the ac driv-
ing was perpendicular to the substrate asymmetry di-
rection. In recent work, Souza et al.53 proposed a device
where the motion of a single magnetic skyrmion interact-
ing with an asymmetric funnel array could be precisely
controlled, providing an information carrier. With this
geometry, it was possible to produce ratcheting motion
of the skyrmion along both the easy and hard substrate
asymmetry directions; however, the motion in the hard
direction had low efficiency.

Another example of asymmetric arrays is the linear
protrusion array, shown in Fig. 1, that was previously
used for type II superconducting vortices by Wells78. In
that work, an external dc driving force was employed to
induce a vortex diode effect. The depinning threshold
was low for driving currents applied along the easy flow
direction and high for driving along the hard flow direc-
tion. Wells argued that ac driving would induce a vortex
ratchet effect. Here, we perform a detailed analysis of
the behavior of magnetic skyrmions in a linear protrusion
array, focusing on the ratchet effects that arise under ac
driving with varied amplitude and frequency.

In this work we show that when the ac drive is applied
along the x direction, the skyrmion exhibits three dynam-
ical phases: (i) a pinned phase (PP), (ii) a constant ve-
locity phase (CVP) with motion along the hard substrate
asymmetry direction, and (iii) a reentrant pinned phase
(RPP). Within the CVP, we find that the skyrmion ve-
locity depends exclusively on the ac driving frequency. In
addition, the interval of ac drive amplitudes for which the
CVP appears varies with the driving frequency. When
we apply the ac drive along the y direction, we uncover
a more complex behavior featuring four phases: (i) PP,
(ii) CVP with motion along the easy substrate asymme-
try direction, (iii) RPP, and (iv) a mixture of CVP and
a linear increase of the skyrmion velocity with increasing
ac amplitude. Each phase appears within a well-defined
range of ac amplitude and frequency. The velocity char-
acteristics in the CVP state mirror those observed for
ac driving along the x direction, with the velocity be-
ing determined exclusively by the ac frequency. In the

fourth phase, a succession of CVPs with distinct average
skyrmion velocities emerges at higher ac drive frequen-
cies, while for lower frequencies, the CVP dissipates and
the skyrmion velocity increases linearly with the ac drive
amplitude. A precise control of the skyrmion motion can
be achieved by tailoring the ranges of ac amplitude and
frequency in order to guide the skyrmion in a desired
fashion.

II. SIMULATION

The sample considered here is an ultrathin nanotrack
of ferromagnetic material that can host Néel skyrmions.
The nanotrack has dimensions of 272 nm × 64 nm and a
magnetic field is applied perpendicular to the film surface
at T = 0 K. Periodic boundary conditions are applied
only along the x direction. The sample contains mag-
netic walls close to the sample edge and a linear protru-
sion array of defects, where the magnetic moments that
compose the walls and the linear protrusion array have
very strong perpendicular magnetic anisotropy (PMA).
We introduce the walls in order to confine the skyrmions
along the nanotrack. Throughout this work we always
consider the dynamics of a single skyrmion, and the ini-
tial skyrmion configuration is illustrated in Fig 1.
We use an atomistic model79 for the simulations

to investigate the skyrmion spin textures in detail.
The Hamiltonian governing the spin dynamics is given
by36,80,81:

H = −
∑
i,j∈N

Ji,jmi ·mj −
∑
i,j∈N

Di,j · (mi ×mj)

−
∑
i

µH ·mi −
∑
i

K1 (mi · ẑ)2
(1)

The first term on the right side is the exchange in-
teraction between the nearest neighbors that compose
the set N . The underlying lattice is a square spin lat-
tice with lattice constant a and exchange constant Ji,j
between spins i and j. The second term is the interfa-
cial Dzyaloshinskii–Moriya interaction, where Di,j is the
Dzyaloshinskii-Moriya vector between spins i and j. The
third term is the spin interaction with an external ap-
plied magnetic field H known as the Zeeman interaction,
where µ = ℏγ is the magnetic moment magnitude and
γ = 1.76 × 1011T−1s−1 is the electron gyromagnetic ra-
tio. The last term is the sample easy-axis anisotropy,
where K1 is the anisotropy strength. We model the set
of spins L that compose the linear protrusion array of
defects as fixed magnetic moments, m∈L = −ẑ, and we
note that if we replace these fixed moments by defects
with very strong PMA values KL, such as KL = 5J ,
we obtain the same result that the motion of skyrmions
through the defects is prevented82. Long-range dipolar
interactions are neglected in our simulations since they
are expected to be very small for ultrathin films83.
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FIG. 1. (a) Illustration of the sample considered in this work with walls and linear protrusions (gray) that are generated using
very strong perpendicular magnetic anisotropy (PMA). The colored disk represents the skyrmion. (b) A blowup of the Néel
skyrmion spin texture in the x− y plane from panel (a), highlighting the magnetic moment components mx and my. (c) The
colormap used is based on the relative angle of mx and my, while the brightness level is determined by the value of mz.

The time evolution for the magnetic moments follows
the LLG equation augmented with the adiabatic spin
transfer torque81,84,85:

∂mi

∂t
= −γmi×Heff

i +αmi×
∂mi

∂t
+
pa3

2e
(j · ∇)mi . (2)

Here, γ is the gyromagnetic ratio, Heff
i = − 1

ℏγ
∂H
∂mi

is

the effective field including all interactions in the Hamil-
tonian, α is the phenomenological damping term intro-
duced by Gilbert, and the last term is the spin-transfer-
torque (STT), where p is the spin polarization, e the elec-
tron charge, and j the applied current density. The STT
current includes the assumption that conduction elec-
tron spins are always parallel to the magnetic moments
m36,86. We only consider the adiabatic contribution from
the current interaction. Non-adiabatic contributions are
usually weak in ferromagnets; however, in special cases,
such as Weyl ferromagnets87,88, the non-adiabatic terms
can be strong and affect the skyrmion dynamics. Here,
non-adiabatic contributions can be neglected since they
do not affect the skyrmion dynamics significantly under
small driving forces35. We use an alternating STT cur-
rent given by:

j = jx cos (2πωt) x̂+ jy sin (2πωt) ŷ, (3)

where ω is the oscillating frequency, t is the time, and jx
and jy are the current amplitudes in the x and y direc-
tions, respectively.

The skyrmion velocity is calculated using the emergent
electromagnetic fields12,81:

Eem
i =

ℏ
e
m ·

(
∂m

∂i
× ∂m

∂t

)
Bem

i =
ℏ
2e

εijkm ·
(
∂m

∂j
× ∂m

∂k

) (4)

where εijk is the totally anti-symmetric tensor. The
skyrmion drift velocity is then computed using Eem =
−vd ×Bem12,81.

In our simulations we fix µH = 0.5(D2/J)(−ẑ), α =
0.3, p = −1.0, and a = 0.5nm, and we consider J = 1
meV, D = 0.18J , and K = 0.02J , which are magnetic
parameters that stabilize Néel skyrmions similar to those
found for Pt/Co/MgO ultrathin films89. All our simula-
tions start from the spin configuration shown in Fig. 1.
The numerical integration of Eq. 2 is performed using
a fourth order Runge-Kutta method. For each value
of the ac drive amplitude, we calculate the time aver-
aged skyrmion velocities along the x direction, ⟨vx⟩, over
3×107 timesteps to ensure a steady state. We normalize
the simulation time units to t = (ℏ/J)τ and the current
density units to j = (2eJ/ℏa2)j′, where τ and j′ are the
normalized time and current, respectively.

III. AC DRIVE ALONG THE x DIRECTION

We first consider ac driving applied along the x di-
rection, so that jx ̸= 0 and jy = 0. The ac drive fre-
quency is ω = 5.57 × 107 Hz and jx is in the range
0.19 × 1010Am−2 ≤ jx ≤ 3.89 × 1010Am−2, which is
low enough that the skyrmion in the sample does not
annihilate.
In Fig. 2 we plot the time average skyrmion veloc-

ity ⟨vx⟩ versus the ac amplitude jx. When jx < 1.5 ×
1010Am−2, the average skyrmion velocity is nearly zero.
This is the initial pinned phase (PP), and the slight de-
viation of the velocity from zero is produced by the brief
initial period of time during which the skyrmion orbit ad-
justs to changes in the ac driving amplitude. A represen-
tative skyrmion trajectory showing this transient motion
is illustrated in Fig. 3(a). As jx increases, the skyrmion
orbit increases in size and becomes more unstable. At
jx = 1.36 × 1010Am−2, the skyrmion velocity increases
abruptly to ⟨vx⟩ ≈ −3 ms−1, indicating that a depin-
ning threshold has been crossed. The net motion of the
skyrmion along the −x direction in this phase is associ-
ated with an orbit that is too large to be stabilized be-
tween the linear protrusions, and therefore evolves into
a translating orbit that carries the skyrmion across the
sample. For 1.5 × 1010Am−2 < jx < 2.9 × 1010Am−2,
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FIG. 2. ⟨vx⟩ vs jx for the system from Fig. 1 with x direction
ac driving at ω = 5.57× 107 Hz. For jx ≤ 1.36× 1010Am−2,
the skyrmion is in the pinned phase (PP), where the slight
deviation of the velocity from zero is associated with transient
motion that occurs before a stable localized orbit forms. The
constant velocity phase (CVP) appears over the interval 1.5×
1010Am−2 ≤ jx ≤ 3.0 × 1010Am−2, where ⟨vx⟩ ≈ −3ms−1.
Here the skyrmion moves in the negative x direction. For
larger values of jx, the system enters a reentrant pinning phase
(RPP), where the velocities are significantly reduced but do
not reach zero due to the transient motion.

the skyrmion is in a constant velocity phase (CVP) with
a translating orbit that gives ⟨vx⟩ ≈ −3 ms−1. The
skyrmion flow in the −x direction occurs along the hard
substrate asymmetry direction, and the skyrmion must
overcome the divots of the array in order to flow. The
skyrmion trajectory in the CVP is shown in Fig. 3(b).
The constant velocity is maintained even as jx varies be-
cause the skyrmion translates by exactly one plaquette
during each ac drive cycle, and the driving frequency
is being held constant. For jx > 3.0 × 1010Am−2, the
system transitions to a reentrant pinning phase (RPP).
The average skyrmion velocity in the RPP is again not
exactly zero due to the transient adjustment of the or-
bit each time jx is modified. As jx increases, when the
RPP arises a new stable localized orbit develops that is
much more elongated than the orbit in the PP, as illus-
trated in Fig. 3(c) and (d). In the Supplemental Material,
video3c.mp4 illustrates the skyrmion motion for Fig. 3
(c). The portion of the orbit extending along the −x
direction becomes so extended that the skyrmion gets
trapped underneath one of the linear defects and is no
longer able to jump into a neighboring plaquette during
the −x portion of the ac drive cycle. This reentrant tran-
sition into a pinned state is not as sharp as the depinning
transition found at lower jx since the trapping process at
high jx is more gradual than the escape process at low
jx.

For ac driving along the x direction, we observe three

FIG. 3. Illustration of skyrmion trajectories for the system in
Fig. 2, with x direction ac driving and ω = 5.57×107 Hz. The
skyrmion trajectory color indicates the phase of the ac drive
cycle as a gradient from positive x (blue) to negative x (red).
(a) jx = 1.36 × 1010Am−2, showing the transient motion in
the pinned phase (PP). (b) jx = 2.53 × 1010Am−2, where
the skyrmion is transported with constant average velocity
along −x. (c) jx = 3.31 × 1010Am−2, corresponding to the
transition between the constant velocity phase (CVP) and the
reentrant pinning phase (RPP). (d) jx = 3.89 × 1010Am−2,
showing the RPP with a large stabilized orbit.

distinctive phases with well defined behavior. The CVP,
where the average skyrmion velocity is constant, can be
useful for spintronic devices where precise control of the
skyrmion motion is crucial. In addition, the skyrmion
motion can be switched on or off by a fine adjustment
in the external ac drive magnitude across the depinning
transition. Although we performed simulations only for
jx ≤ 4× 1010Am−2, we expect that similar behavior will
occur for larger values of jx. In particular, as jx in-
creases, the size of the skyrmion orbit can continue to
increase and may become unstable again, leading to the
reemergence of a translating orbit.

A. Influence of the frequency ω

The motion described previously showed three distinc-
tive phases at fixed ω, with well defined ranges of jx for
each phase. We next investigate how the frequency ω of
the ac drive affects the dynamics by varying it over the
range 0.51 × 107Hz ≤ ω ≤ 10.13 × 107Hz and using the
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FIG. 4. ⟨vx⟩ vs jx for the system from Fig. 1 with ac driving
applied along the x direction at different ac drive frequency
values of ω = 2.53× 107 Hz (black), ω = 5.57× 107 Hz (red),
ω = 7.58 × 107 Hz (blue), and ω = 1.01 × 108 Hz (green).
The pinned phase (PP), constant velocity phase (CVP), and
reentrant pinned phase (RPP) appear for ω ≤ 5.57 × 107Hz.
For ω ≥ 7.58 × 107Hz the reentrant pinned phase does not
occur over this range of jx. Inset: The value of jx at the
depinning threshold marking the onset of the CVP vs ω.

same range of jx values from before.

In Fig. 4 we plot the average skyrmion velocity ⟨vx⟩
versus jx for different values of ω. The behavior is sim-
ilar in each case. The PP appears for all values of ω
simulated in this work. The CVP is also observed for all
values of ω; however, the width of this phase is strongly
affected by ω. As ω increases, the onset of the CVP shifts
towards higher values of jx, so that the range of the PP
becomes larger. This is more easily visible in the inset
of Fig. 4, where we plot the depinning threshold versus
ω and find a linear dependence. The increase in the de-
pinning threshold occurs due to the oscillatory nature of
the ac drive. As ω increases, the oscillations in the driv-
ing direction occur more rapidly, causing the skyrmion
to experience a force in any given direction for a shorter
period of time, and shrinking the skyrmion orbit accord-
ingly. Thus, a larger current amplitude must be applied
at higher ω in order to generate an orbit that is unstable
enough to delocalize and produce net dc motion. An-
other interesting effect in Fig. 4 is the increase in the
magnitude of the average skyrmion velocity in the CVP
with increasing ω. Higher applied currents result in dc
motion with enhanced velocities. Additionally, as ω in-
creases, the CVP extends up to higher values of jx. This

FIG. 5. Illustration of skyrmion trajectories for different val-
ues of ω with fixed jx = 2.53 × 1010Am−2 for the system
in Fig. 4 with x direction ac driving. The skyrmion tra-
jectory color indicates the phase of the ac drive cycle as
a gradient from positive x (blue) to negative x (red). (a)
ω = 2.53×107 Hz, showing the reentrant pinned phase (RPP).
(b) ω = 5.57 × 107 Hz, showing the constant velocity phase
(CVP). (c) ω = 7.60× 107 Hz in the CVP. (d) ω = 1.01× 108

Hz, showing the pinned phase (PP).

is analogous to the increase of the depinning threshold as
a function of ω; for higher ω values, larger values of jx
must be applied in order to obtain a skyrmion orbit that
is large enough to reach the RPP. For the higher values
of ω, ω ≥ 7.58 × 107 Hz, the RPP is not observed over
the range of jx simulated here; however, we expect that
the RPP would appear at even higher values of jx.

Figure 5 illustrates the skyrmion trajectory at differ-
ent values of ω. In Fig. 5(a) at ω = 2.53 × 107 Hz,
the skyrmion is trapped in the RPP. As ω increases, the
skyrmion orbit becomes narrower and extends less far
along the x direction until the skyrmion no longer ex-
periences confinement underneath a linear defect. When
this occurs, the localized orbit destabilizes, permitting
the CVP to appear with a translating orbit as shown
in Fig. 5(b) for ω = 5.57 × 107 Hz. In Fig. 5(c) at
ω = 7.60 × 107 Hz, the skyrmion is still in the CVP,
but due to the increased ac frequency, the dead end por-
tion of the orbit extending in the −x direction becomes
less pronounced. When ω = 1.01×108 Hz, the frequency
is so high that the orbit is no longer wide enough for the
skyrmion to slip past the linear defect into the next pla-
quette, and the PP emerges, as shown in Fig. 5(d) and
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FIG. 6. Heatmap plot of ⟨vx⟩ (color gradient) as a function
of ω vs jx for the system in Fig. 1 with x direction ac driv-
ing. In the blue regions skyrmion transport occurs along the
negative x direction, while in white regions the skyrmion is
pinned. The circles indicate the discrete parameters used for
the simulations.

video5d.mp4 in the Supplemental Material.

B. Conditions for skyrmion transport with ac drive
along the x direction

Now that we understand the individual effects of both
ac drive magnitude, jx, and the ac drive frequency, ω, for
ac driving in the x direction, we perform a series of simu-
lations in which we vary both parameters and identify the
optimal conditions for skyrmion transport. In Fig. 6 we
plot a heatmap of the skyrmion average velocity ⟨vx⟩ as
a function of ω versus jx. Both the PP and RPP appear
as white regions since both of these phases have very low
average velocities. They are separated by the blue region,
which represents the CVP. For values of ω and jx falling
above the blue region, the system is in the PP, where the
skyrmion exhibits no net motion and the trajectories are
very similar to those shown in Fig. 5(d) and Fig. 3(a).
For ω and jx values that are below the blue region, the
system is in the RPP, where the skyrmion has no net
motion and the trajectory is similar to those shown in
Fig. 5(a) and Fig. 3(d). In the CVP phase, the skyrmion
trajectories are similar to those shown in Fig. 5(b,c) and
Fig. 3(b). The speed at which the skyrmion is trans-
ported along the sample in the CVP is governed by ω.
Note that as ω increases, the blue region becomes darker,
indicating higher velocity magnitudes. Additionally, the
onset of skyrmion transport and the range of jx values
for which it occurs also change as ω varies.
Fig. 6 can be very useful for the design of a device

FIG. 7. ⟨vx⟩ vs jy with fixed ω = 3.55×107 Hz for the system
shown in Fig. 1 with ac driving along the y direction. Here
the skyrmion moves in the positive x direction.

using a linear protrusion array of defects, since it clearly
shows the necessary parameters for skyrmion transport
through the sample. In addition, it indicates how rapidly
the skyrmion can be transported in the CVP. In our sim-
ulations, the skyrmion is always stable and we did not
observe any annihilation effects, which is crucial for tech-
nological applications where skyrmions are to be used as
information carriers. The skyrmion may deform when
the ac drive pushes it against the magnetic walls, but the
deformation does not significantly impact the skyrmion
dynamics, as shown in the videos from the Supplemental
Material. We expect, however, that if a much stronger
ac drive amplitude is applied, the skyrmion may strongly
deform and be annihilated when it comes into contact
with the linear protrusion magnetic walls.

IV. AC DRIVE ALONG THE y DIRECTION

In Section III we showed that applying the ac drive
along the x direction may induce skyrmion transport in
the −x direction. Here, we investigate the same system
from Fig. 1 but apply the ac drive along the y direction,
giving jx = 0 and jy ̸= 0.
In Fig. 7 we plot the skyrmion average velocity ⟨vx⟩

as a function of the ac drive amplitude jy for fixed
ω = 3.55 × 107 Hz. We find several different dynamic
regimes that we can classify as a pinned phase (PP), a
reentrant pinned phase (RPP), and different types of con-
stant velocity phases (CVPs). For jy ≤ 0.97×1010Am−2,
the skyrmion exhibits no net motion and is in the PP
as illustrated in Fig. 8(a). As was the case for jx ̸= 0
driving, we find that the velocities are not exactly zero
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FIG. 8. Illustration of skyrmion trajectories for the system in
Fig. 1 under y direction ac driving with fixed ω = 3.55× 107

Hz. The skyrmion trajectory color indicates the phase of
the ac drive cycle as a gradient from positive y (blue) to
negative y (red). (a) jy = 0.97 × 1010Am−2 in the pinned
phase (PP), where the skyrmion is in a closed localized or-
bit. (b) jy = 1.36× 1010Am−2 in the constant velocity phase
(CVP), where the skyrmion translates at ⟨vx⟩ ≈ 1.68 ms−1

and moves one plaquette during every ac drive cycle. (c)
jy = 1.95× 1010Am−2 in the reentrant pinned phase (RPP),
where the skyrmion enters a stable localized orbit and the
net dc motion drops to zero. (d) jy = 3.69 × 1010Am−2 in
a second CVP, where the skyrmion translates at ⟨vx⟩ ≈ 3.8
ms−1 and moves two plaquettes during every ac drive cycle.

since the skyrmion undergoes transient motion before
the localized orbit becomes stabilized. In the interval
1.75× 1010Am−2 ≤ jy ≤ 2.34× 1010Am−2, the skyrmion
orbit is unstable and the dc velocity takes the value
⟨vx⟩ ≈ 1.68 ms−1, indicating that the skyrmion is in the
CVP illustrated in Fig. 8(b). Here the skyrmion trans-
lates by one plaquette during every ac drive cycle. The
skyrmion has a greater interaction with the lower part
of the sample when the ac driving is in the y direction
due to the skyrmion Hall angle effect, and the net trans-
port is in the positive x direction, unlike the case of x
direction ac driving which produced dc motion in the
negative x direction. Above jy = 1.36 × 1010Am−2, the
skyrmion average velocity drops to a value that is very
close to zero. In this region, a localized skyrmion orbit
becomes stable again and the dc motion is lost, giving
a RPP as shown in Fig. 8(c). Here the width of the
skyrmion orbit matches the spacing between the linear

FIG. 9. ⟨vx⟩ vs jy for the system from Fig. 7 with ac driving
along the y direction at ω = 1.01×107 Hz (black), ω = 5.57×
107 Hz (red), ω = 7.58 × 107 Hz (blue), and ω = 1.01 × 108

Hz (green).

protrusions. When jy = 1.94 × 1010Am−2, the localized
orbit destabilizes because it is now too wide to fit inside
a single plaquette, and dc motion reappears. Notice that
the skyrmion is now translating by two plaquettes dur-
ing every dc drive cycle. A blue orbit appears in the top
portion of every plaquette only because the total number
of plaquettes is odd. Fig. 7 shows that the skyrmion ve-
locity for the state in Fig. 8(d) is twice as large as that in
Fig. 8(b). For larger values of jy, the skyrmion dynam-
ics oscillate among a series of CVPs where the velocity
locks to a constant value that differs from one CVP to the
next and is determined by the number of plaquettes the
skyrmion can translate in each ac drive cycle. In every
CVP, the skyrmion follows a distinct delocalized orbit
as it translates through the sample. Figure 8(d) shows
an example of the skyrmion trajectory in the CVP at
jy = 3.69× 1010Am−2. This trajectory is also illustrated
in video8d.mp4 in the Supplemental Material. The fact
that the skyrmion translates along the easy direction of
the substrate asymmetry for y direction driving makes it
possible for the skyrmion to move through multiple pla-
quettes per ac drive cycle, giving multiple CVP states.
This is in contrast to the single CVP state found for x
direction driving, when the motion is along the hard di-
rection of the substrate asymmetry and the translating
orbit is confined by the substrate in such a way that the
skyrmion can travel only exactly one plaquette during
each ac drive cycle.
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A. Influence of the frequency ω

We next consider how the ac driving frequency ω af-
fects the dynamics under y direction driving by varying
ω over the range 0.51× 107Hz ≤ ω ≤ 10.13× 107Hz. In
Fig. 9 we plot the average skyrmion velocity ⟨vx⟩ versus
jy for selected values of ω. When ω = 1.01 × 107 Hz,
the CVP and RPP vanish. As low values of ω such as
this one, the skyrmion can coast along the bottom of the
array over a distance of many plaquettes during the −y
portion of the ac drive cycle, as shown in Fig. 10(a) at
jy = 3.12 × 1010 Am−2. The Magnus term rotates the
repulsive force from the protrusions and walls into a +x
velocity, resulting in a Magnus velocity boost effect. The
confined excursion into the upper portion of the sample
provides only a small perturbation to the boosted +x ve-
locity and is insufficient to quantize the velocity values.
As a result, ⟨vx⟩ increases almost linearly with the ac
drive amplitude jy. For ω = 5.57×107 Hz, ω = 7.58×107

Hz, and ω = 1.01 × 108 Hz, the behavior is similar to
what was observed in Fig. 7, with the CVP and RPP
both present but extending over a wider range of jy val-
ues compared to the system with ω = 3.55 × 107 Hz.
For ω = 5.57× 107 Hz the skyrmion becomes trapped in
a RPP, as illustrated in Fig. 10(b) at jy = 3.12 × 1010

Am−2. Here the size of the skyrmion orbit matches the
length scale of the plaquette. For ω = 7.58 × 107 Hz
at the same value of jy, the orbit is delocalized again
and the skyrmion flows along the positive x direction
as shown in Fig. 10(c). In the Supplemental Material,
video10c.mp4 shows the skyrmion trajectory in detail.
Fig. 9 indicates that the skyrmion average velocity in
each CVP becomes larger for higher frequencies, as illus-
trated in Fig. 10(d) where we show another type of CVP
with higher average velocity at ω = 1.01 × 108 Hz. The
velocity increase is simply due to the higher ac driving
frequency; the skyrmion still translates by one plaquette
per ac drive cycle but the drive cycle is shorter at higher
ω, so the skyrmion moves faster. The onset of the CVP
in Fig. 9 shifts to higher jy with increasing ω because at
high ac driving frequencies, the skyrmion orbits become
narrower and so larger values of jy must be applied to
destabilize the localized orbits.

B. Conditions for skyrmion transport with ac drive
along the y direction

In Fig. 11 we plot a heatmap of the skyrmion average
velocity ⟨vx⟩ as a function of the frequency ω versus the
drive magnitude jy. There are two large red regions cor-
responding to the dynamic phases where the skyrmion
is being transported. The white regions correspond to
phases where the skyrmion exhibits no net motion. The
first white region that occurs for lower values of jy is the
PP where the localized skyrmion orbit is stabilized with
no net motion. At slightly larger values of jy we find
the first red region, corresponding to the CVP in which

FIG. 10. Illustration of skyrmion trajectories for the system in
Fig. 9 under y direction ac driving with fixed jy = 3.12×1010

Am−2. The skyrmion trajectory color indicates the phase
of the ac drive cycle as a gradient from positive y (blue) to
negative y (red). (a) ω = 1.01 × 107 Hz. (b) ω = 5.57 × 107

Hz. (c) ω = 7.58× 107 Hz. (d) ω = 1.01× 108 Hz.

FIG. 11. Heatmap plot of ⟨vx⟩ (color gradient) as a function
of ω vs jy for the system in Fig. 1 with y direction ac driv-
ing. In the red regions skyrmion transport occurs along the
positive x direction, while in white regions the skyrmion is
pinned. The circles indicate the discrete parameters used for
the simulations.
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the localized skyrmion orbit is unstable and the skyrmion
translates through the sample along the positive x direc-
tion. In this phase, as ω increases, the range of jy where
the CVP is stable increases, and the average skyrmion
velocity also increases in a manner analogous to that dis-
cussed for Fig. 6. The second white region, located be-
tween two red regions, is the RPP, where the increase in
jy stabilizes the previously unstable localized skyrmion
orbit, resulting in a state with ⟨vx⟩ = 0. In addition,
as ω increases, the RPP expands over a wider range of
jy. The second red region that occurs for larger values
of jy corresponds to a mixture of CVP and a skyrmion
transport phase in which the velocity increases almost
linearly with jy. In this region, for larger values of jy the
system is in a clearly defined CVP phase where multiple
constant velocity states can be accessed by varying the
ac drive amplitude. As ω is reduced, the CVP is lost and
the skyrmion velocity increases linearly with jy. This is a
result of the velocity boost effect from the Magnus term,
which makes the motion during the +y and −y portions
of the ac drive cycle very asymmetric and destroys the
velocity quantization found for larger values of ω.

As we have seen, when the ac drive is applied along the
x direction, the skyrmion flows along −x, the hard sub-
strate asymmetry direction, while when the ac drive is
applied along the y direction, the skyrmion instead flows
along +x, the easy substrate asymmetry direction. The
plots in Figs. 6 and 11 show in great detail the possibil-
ities for achieving controlled skyrmion motion by tuning
the values of ω and either jx or jy. We note that for
the parameters we consider, no annihilation effects were
observed; however, for sufficiently large ac drive ampli-
tudes, we expect that the skyrmion would be pushed hard
enough against the walls and linear protrusions that an-
nihilation events would occur. Thus there is a finite range
of ac driving where control of stable skyrmion motion can
be achieved.

V. SUMMARY

Using an atomistic model for simulating individual
atomic magnetic moments, we investigated the dynami-
cal behavior of a single skyrmion interacting with a linear
protrusion array of defects with ac driving applied along
either the x or y directions in the absence of thermal ef-
fects. When the ac driving is parallel to the x direction,
the skyrmion can be transported along the negative x
or hard substrate asymmetry direction over a range of
ac drive amplitudes. There are three distinct phases of
motion. At low ac amplitudes, the skyrmion enters a
stable localized orbit and has no net dc motion, giving
a pinned phase. When the ac amplitude increases, the
localized skyrmion orbit expands in size and becomes un-
stable, leading to the emergence of a constant velocity
phase in which the skyrmion follows a translating orbit
along the negative x direction. As the ac driving ampli-
tude becomes even larger, the skyrmion orbit continues

to grow until a localized orbit restabilizes again due to
confinement by the linear protrusions, resulting in a reen-
trant pinned phase with no net dc transport. When the
ac drive frequency increases, we find that the range of
ac drive amplitudes over which each phase is stable in-
creases, and that the skyrmion average velocity in the
constant velocity phase also increases.

When the ac drive is applied along the y direction, the
skyrmion can be transported along the positive x or easy
flow direction of the substrate asymmetry for a range of
ac amplitudes. The velocity boost effect produced by
the Magnus term for y direction driving in the presence
of the substrate permits a greater range of translating
orbits to appear, and we observe a richer dynamical re-
sponse compared to driving along the x direction. At
low values of ac drive amplitudes, the skyrmion orbit is
localized and we find a pinned phase with no net motion.
As the ac amplitude increases, the localized orbit desta-
bilizes and the skyrmion enters a constant velocity phase
in which it translates along the positive x direction with
constant velocity. Further increases in the ac drive ampli-
tude restabilize a localized orbit, resulting in the emer-
gence of a reentrant pinned phase with no net motion.
For sufficiently high values of the ac drive amplitude, the
skyrmion orbit becomes too large to localize, and we find
a series of distinct constant velocity phases, each of which
has a different average velocity value determined by the
number of plaquettes the skyrmion traverses during each
ac drive cycle. Just as in the case for x direction ac
driving, increasing the ac driving frequency for y direc-
tion ac driving causes each phase to extend over a wider
range of ac drive amplitudes and also increases the av-
erage velocity in the constant velocity phase. Above the
reentrant pinning phase, the constant velocity phases be-
come more stable as the ac frequency increases, while for
small frequencies these phases disappear completely and
are replaced by a regime in which the average skyrmion
velocity increases linearly with increasing ac drive am-
plitude. It is worth mentioning that our analysis did
not account for thermal fluctuations and non-adiabatic
effects in the spin current. It is known that tempera-
ture effects can alter the skyrmion stabilization90, induce
initial creep motion, and change the transition points91.
Additionally, non-adiabatic contributions within the spin
current can change the skyrmion Hall angle36. The inclu-
sion of these factors could introduce modifications to the
observed results and can be an interesting consideration
for future works. Furthermore, exploring the scenario of
an ac drive aligned with the angles of the linear protru-
sions could produce strong ratchet effects. This aspect
remains unexplored in our current study and presents an
interesting direction for future research.

Our findings can be useful for realizing novel spintronic
devices where controlled skyrmion motion is crucial. In
our system, the ability to control the direction and veloc-
ity of the skyrmion motion makes it possible to efficiently
transport information in a device where the skyrmion
serves as an information carrier. The level of skyrmion
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control that we obtain in our sample is similar to the
control achieved in Ref.53, where the skyrmion is also
controlled precisely using ac currents. The key difference
from the previous work is that in the linear protrusion
device considered here, the skyrmion average velocities
are similar for transport in both the positive and neg-
ative x directions, resulting in a more energy-efficiency
skyrmion transport overall.
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G. Schütz, G. S. D. Beach, and M. Kläui, “Skyrmion Hall
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